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To the Second PA R T. 


fore the Reader takes the Trou- 
ble to enter on the Second Part, 
ie's fit he be appriſed of a few 
Things, that may prevent his 
— miſtaking my Meaning, in the 
more difficult Propoſitions, or may enable 
_ to run thro the whole with more Plea» 
ure. | 
I. The f Chapter is intended only, as an 
Introduction to the two ſubſequent, to the 
third eſpecially; and for clearing up and de- 
monſtrating in the moſt familiar and ea 
Way, the Nature and Properties of relative 
Efe The Foundations of the Arithme- 
tick of Infinites, and the Structure built there- 
on, publiſhed by me in the former Edition 
of this Work, having been doubted of, or 
miſtaken by ſome. The whole now, I hope, 
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is clear and unqueſtionable. I have borrowed 
a few Things from the third Chapter, for 
the Eaſe of thoſe, who either might not have 
Humour and Leiſure, or might not have ap- 
ply'd themſelves ſufficiently to ſuch Studies, 
as to be able to go quite through that Chap. 
ter. And yet might he content to ſee 1 
curious Speculation eſtabliſhed here. 

II. The /econd Chapter contains many Par- 
ticulars of Weight and Moment. The Foun- 
dation is this. The ſupreme Creator of all 
Things, and the whole Cyſtem of Creatures, 
from the higheſt Seraphim down to brute 
Matter, are here together conſidered as it 
were an infinite Cone, (like the Shadow of 
the dark Side of the Earth, circumſcribed 
by the Light of the Sus in the empty Spaces 
of our Jy/tem,) whoſe Baſe is the ſupreme 
and abſolute Infinite, the Origin of the Be- 
ing and Faculties of all created Things ; and 
its Body, is the whole 7 of Creatures 
from the higheſt piritual Intelligence; def 
cending in a perpetual Subordination, and 
continual Scale, down to brute Matter ; 
4 if there be any Creature lower than this. 

t is true, in this Metaphor or Reſemblance, 
the Baſe. is to be ſuppoſed at an ab/o/utely 
infinite Diſtance, from the Body of the Cone, 
(as the Sun, whoſe Rays define the dark 
Cone of the Earth's Shadow, is diſtant from 


the Earth. But then, as all the Sections 
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in a Cone, parallel to the Baſe, are ſimilar to 
the Baſe, and to each òther. So in this per- 
petual Scale of Creatures, conſidered in one 
View, together with their Creator, every 
Fpecier and Set of Creatures is ſimilar to the 

aſe, and to every other Species and Set of 
Creatures, from the higheſt to the loweſt, 
i. e. every Species and Set of Creatures of 
2 higher Order, has the great Lineaments, 
and prominent Out-lines of their Baſe, the 
Origin of all Being and Perfections, more 
ſtrongly, clearly, and largely repreſented 
and expreſs'd on, and by them, and every 
Species and Set of Creatures of a lower Or- 
der, has the fame Lineaments and Charac- 
ters repreſented and expreſsd on, and by 
them, but in a more weak, more faint, and 
more contracted Manner. And ſince Life, 
Activity, and Fecupdity, are among the 
moſt univer ſal, 2 and original 
Qualities of the Baſe, the Source, and Ori- 
gin of all Being and Perfections: So every 
Spectes of Creatures and each Individual of 
every Species, mult in a higher or lower 
Degree, according to their Rank in the Scale 
of Exiſtence, partake of thoſe pramitive and 
original Qualities. If this Principle, and 
Foundation, thus ſhadow'd out, may be al- 
low'd me, and ſure methinks it is evident 
from the Nature of Things 4 Priori, from 
all Experiments and Obſervations hitherto 
A 3 made 
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made on our material Cyfem of Things, 4 
Poſteriori, and even ftom the moſt genuine 
and ſimple Reflections of our Minds within 
our ſelves. Then it will follew-w, ; 
I. That there is a perpetual Analog y, 
(phyſical not mathematical) running on in a 
Chain, thro* the whole Sy/{em of Creatures, 
up to their Creator, 
II. That the Viſible are Images of the In- 
viſible, the Senſible of the Infenſible, the 
Eypical of the Archiytipital, the Cyra. 
tures of the Creator, at an abſolutely infi- 
nite Diſtaac rere , 
III. That the Arguments from the ters 
butes of the Creator, to tlie Qualities of the 
Creature, with due regard to the abfolutel 
infinite Diſtance, is juft and conclufive, 
. 27 DIC BTR! 

IV. That, as there are Objects intirely 
oppoſite and diſparuta, ſo there muſt be 
aculties in in 2 rr ſuited to 
thoſe different Ov7etts, differing according 
to the Diverſity ot the Obe. 
V. That if Gravitation be the Princip! 
of Activity in Bodies 5 that of Reunion 
with their Origin, muſt by this analogical 
Neceſſity be the Principle of Action in 
S bw unt norte 

VI. That material Subſtances are the ſame 
with /piritual Subſtances, of the higher Or- 
ders, at an infinite Diſtance, or that __ 
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al Subſtarices are. M piritual Swhſtances: inf 
nitely condenſed-or contracted, ſince in the 
Scale ofiiExiſtence, the fr]? are ſuppoſed at 
an infinzte Diſtance from the latte. 

VII. That there is ſome Analogy between 
the Cunſtitution, Temperaments and Com- 
plexions df Miritual Being, and the known 
different res, Elements,” and n 
of material. Subſtances...) 1" 

Tusk I think, as they are necollary Con; 
— the preeteding Principle, ſo 
they are che main Pillars, and ſome of the 
principal Prpoſitions of this ſecond Chap: 
ter, Mhich, if hunderftood and granted, e- 
very Thing elſe will eicher be eaſily re- 
ceiy'd,i or may be ſafely rejected, without 
any Hazard ko the main Hemm. 

A#Tzx alk, ſeaing my whole Intention 
and Deſign; in — and - publiſhing 
theſe Arete, was to beget in the 
Minds of Men, 2 nerous, and mags 
nificerit Sentiments, of Cod and his s Works; 
that, chereby they might: be more power- 
fully — to Sowa :adore, and ſerve 
Him. To convinoe them of the Degeners: 
„and Corruption. of tlie whole Race of 
Mankind; of the. Neceſſity of expanding 
and cultivatihg their ſuperior Faculties, by 
4 faithful Ohiedience to the divint Attracti- 
on and Drawings in their Hearts; and 
thereby, of begetting in their Souls, CHari- 
A 4 EY, 
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7y,-or the pure Love of God, and of all his 
Images in a proper Subordination: All which 
can by no other Means be brought about, 
but by a careful copying after, and imitating 
the Model and Pattern the BLESSED JE- 
SUS. has ſet us in his Life and Doctrine. ] 
fay, fince this was my whole End and Aim, 
in advancing and publiſhing: theſe Specula- 
trons. If any Perſon ſhall think fit to con- 
travert them, he may do it very ſafely for 
me. For being ſatisfied, in the Honeſty and 
Simplicity of my Intentions, and of the 
Uſe and Benefit theſe Speculations have 
been to my (elf tor theſe Ends and Purpoſes, 
I am firmly reſolved, not to ſpend my Time 
in idle Diſputes. If others differ with me, 
about the Truth and Reality of | theſe Spe- 
culations, or their uſefulneſs to, and influ- 
ence on the Ends propoſed, or are not diſ- 
os'd to reliſh or receive them, they ma 
et them alone or reje& them, it is equa 
to me. All I ſhall be ever prevail'd on to 
do, in ſuch a Caſe (excepting "always, in 
Caſe thoſe who either are my /awful Supe- 
riors, or whom I look on my ſelf obliged 
in Conſcience to obey, ſhall-command o- 
therwiſe,) ſhall be; to amend, alter, or re- 
tract what I ſhall be perſwaded is- amiſs in 
the future Editions of this Work, if it ſhall 

have any more. WS 
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III. The third Chapter is what the reve- 
rend and ingenious Mr. John Craig ſent me 
about ſeven Years ago, when I deſired him 
(cing love in my Health, and otherwiſe en- 
gag 3 to write me down his Thoughts on, 
correct or alter, what I had formerly pub- 
liſhed on this Head in the fit Edition of 
this Work, in order to a ſecond Edition. I 
have altered or added nothing, but one Note 
before his Additions, and that in 1talick 
% 

To conclude, if any Perſon, by either of 
the Parts of this Work, ſhall be moved to 
adore, worſhip, or love the /ovely qnd ado- 
rable Author of his Being, (who is wonder- 
ful in all his Works, and great in the leaſt,) 
I fay, if any one ſhall be wrought on there- 
by to love him more, or ſerve him better, I 
ſhall have the whole Reward of my La- 
bour,. having intended it ſolely for his G/o- 
ry and the Good of my fellow Creatures ; 
and having I hope, in the whole, and each 
ſingle: Part, as far as my Weakneſs and 
Corruption wou'd permit, diſengaged my 
ſelf from all. Jmiſter Dad, Jon all Fraud, 
Malice, Vain: glory, and Hypocriſy. 
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HAT we ney reaſon, as cau- 
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mon Way of Thinking, as the 
Nature and Qualities of Iaſ- 
nites, and the other Subjects of this Chapter 
are; we ſhall begin with Definitions and Ax- 
imo, and proceed to ſome general Propoſiti- 
ns, demonſtrated after * plaineſt — 
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C HAP. I. 
Of the Nature and Kinds of Infi- 


nites. Of ſome of their reſpec- 


l 

: true n and of a New 
Arithmetick of Infinites. 

, 
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: HAT we may reaſon, as cau- 


| J tiouſly as poſſibly we can, a- 
9 bout Matters ſo intricate, and 


2 4 T | & 
> Tio ſo far remoy'd from the com- 
mon Way of Thinking, as the 
Nature and Qualities of 1»f- 


tes, and the other Subjects of this Chapter 


imo, and proceed to ſome general Propoſiti- 


ns, demonſtrated after the plaineſt — 
B ti 


are; we ſhall begin with Definitions and Ax- 


till we obtain Principles to found our conſe- 
ot Reaſonings on; and then draw fuch 

orollaries, from the ſeveral Parts, or from 
the Ne. as ariſing neceſſarily from them, 
may be of uſe to aſcertain ſome Speculations 
advanced in the foregoing Treatiſe 3 or may 
otherwiſe help to conduct the Underſtand- 
ing in thoſe other Sciences, where they may 
find a Place. 


Definition J. 


GAY TITY is what may be increas'd 
or diminiſhed. | 

Tro? this Definition may not exhauſt the 
metaphyſical Nature of Quantity 5 yet it 
points out that Quality in it, that is here 
chiefly regarded: for ev'ry Quantity may 
be increas d or diminiſhed, and that cont: 
nually, as ſhall be afterwards ſhown 


Definition II. 


A BODY is an extended, impenetrable, 
paſſive, diviſible, unintelligent Subſtance. 

This Definition allo, tho? it exhauſt not 

the internal Eſſence and intimate Nature o 

Matter, yet it ſums up its ſenſible and 

moſt conſtant Qualities, by which it is dit 

tinguiſhed from every thing elſe. Deb 
| e 


| 
4 
4 
t 
| 
| 


Definition III. 


Tas inherent Principle of Activity, in 
the great Bodies of the Univerſe, is Gravi- 
tation or ſomething analogous thereto, 

Taro? I am perfectly convinced, from the 
Simplicity and Uniformity of the divine 
Nature, and of all his Works, that there is 
ſome one great and univerſal Principle, run- 
ning through the whole Sy//em of Creatures 
analogically, and congruous to their relative 
Natures ; which is the ſame in all Bodies 
great and ſmall, and the Origin of all their 
natural Actions upon one another, with re- 
gard to their different Circumſtances ; and 
that there is not a different Principle for the 
natural Actions of the /efer Bodies from 
that which is the Principle of the natural 
Actions of the greater Bodies of the Uni- 
verſe, but one and the ſame Principie in both, 
acting differently in different Circumſtances. 
Yet ſince Gravitation, or ſomething anals- 
gous thereto, ſeems neceſſary for accounting 
tor the conſtant and regular Motions, and 
Actions upon one another, of the great Bo- 
dies of the Univerſe ; Gravitation or ſome- 
thing analogous thereto muſt be a neceſſary 
Conſequence in the greater Bodies of the 
Univerſe, of this more univerſal Principle, 
and the Origin of the Activity of Bodies. 

B 2 Defi- 
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Definition IV. 


A SPIRIT is an extended, penetra- 
ble, active, indiviſible, intelligent Subſtance. 

Body and Spirit are in ev'ry other Qua- 
lity oppoſite, except in Extenſow: therefore 
as the foregoing Definition of Body ſumms 
up its ſenſible and moſt conſtant Qualities, 
ſo to aſſign the Definition of Spirit, there 
was nothing to be done, but to joyn the 
oppoſite Qualities of Body to that of Ex- 
tenſion or extended Subſtance. 


Definition V. 


Tu Principle of Action in ſpiritual Sub- 

ſiſtences is, or ought, to be, that eſſential 
one of REUNION with the Origin of their 
Being, impreſs'd on ev'ry Individual of this 
Rank of Creatures, 
Tux univerſal Principle of Action, men- 
tioned in the third Definition, that runs 
through all the Hyſtem of Creatures, muſt 
analogically be carried through ev'ry Indivi- 
dual of ſpiritual Beings, and can be nothing 
but this eſſential Principle of REUNION 
with the Origin of their Being, as ſhall be 
afterwards demonſtrated at large. 


Def. 


Definition VI. 


A finite Quantity is that, of which the 
Bounds or Limits, beyond which it cannot 
reach, are aſſignable, 

THvus a Line is finite, when both its Ex- 
tremities are given, or the Points which are 
its Limits, beyond which it cannot reach, 
are aſſignable : An Area is finite, when its 
terminating Lines are aſſignable ; a Solid is 
finite, when its terminating Planes are a/- 
ſienable; a Number is finite, when the Uni- 
ties (which are its Limits) of which it con- 
fiſts, or the Bounds beyond which it cannot 
reach, are aſſignable. 


Definition VII. 


An mmfinite Quantity (in its ſimpleſt Na- 
ture and loweſt Degree) is that, ſome one 
or more of the Limits or Bounds of which, 

beyond which it cannot reach, are not a/- 
t rab. 

Tavs aright Line, one or both of whoſe 
Extremities are not a//ignable, or the Points 
beyond which it cannot reach, are not af- 
be ſignable, is an infinite rages Eine. An Area, 

one or more of whole terminating Lines 

are not aſſignable, is an infinite Area; a So- 

f lid, one or more of —_ terminating Planes 
; 3 arg 
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are not aſſignable, is an infinite Solid; a 
Number, increaſing continually, whoſe laſt 
Increaſe is not aſſignable, or the Bounds, be- 


yond which it cannot reach, are not afſigna- 
ble, will at laſt make an infinite Number, 


Scholium. 


An infinite Number may be ſuppos'd to 
be generated by the perpetual Addition of 
a finite Number to it fel. Thus 1414 
1+1+1, Sc. 244 T 42 T4 + 2 &c. be- 
come infinite. Or, it may be ſuppoſed to be 
generated, by the perpetual Addꝭtion of fi- 
nite Numbers, increaſing in a regular Pro- 
greſſion, and in one conſtant Proportion one 
to another. Thus 1 + 2 + 4 + 8 + 16, Ge. 
{where the finite Terms perpetually increaſe 
in the ratio of 1 to 2.) and 1 42 ＋ @ + & 
+ a+ Sc. (where the finite Terms perpetual- 
ly increafe in the ratzo of 1 to a) become 
infinite. And it is the ſame in all other infi- 
nite Series, regularly generated; or laſtly, 
the infinite Number may be ſuppoſed to be 
generated by the perpetual Addition of finite 
Numbers, in no certain Proportion one to 
another, nor in any regular Progreſſion, fuch 
as 7+ 1-305 5+2+25 Sc. Of theſe laſt 
Kinds of Infinites we have here no Conſi- 
deration; for being of no conſtant or regu- 
lar Nature, but merely caſual and * 

& 
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they can afford no Medium for reaſoning. 
The principal Deſign of this Chapter, ſo — 
as it concerns theſe two Kinds of Infinites, 
is to find out a Method for reſolving the 
ſecond Kind of Infinites into the firſt, when 
it is poſſible; in order then to obtain a juſt 
Notion of theſe Infinites, let us firſt diſtin- 
guiſh Infinite in general, into relative or 
creaturely Infinite, and Supreme or AB- 
SOLUTE Infinite (of which the firſt is 
but a created Image or Picture, as will be 
afterwards ſhewn) let © ſtand for Finite in 
general, and OO ſtand for Infinite in gene- 
ral as they reſpect Numbers; then © 1 and 
Q© 1 will be finite and infinite (as they re- 
tort Numbers) of the loweſt Degree and 
impleſt Nature; Unity being the ſimpleſt 
Number. 


Definition VIII. 


Relative Infinete (in its ſimpleſt Nature 
and loweſt Degree) is an infinite Quantity, 
as it {tands related to a given Finite, by the 
perpetual Addition of which to it lelf it is 
generated, | | 

Tavs Ot. is a relative Infinite, as it 
ſtands related to 1, a given Finite, by the 
perpetual Addition of which to it ſelf, it is 
generated; that is, QO1=1 +1+1+1 
+1 Sc. And & 4 P a relative Infinite, 

4 as, 
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as it ſtands related to the given Finite a, by | 
the perpetual Addition of which to it ſelf it 
is generated, or o 4=a +a+ a+ a+ 


a Sc. > 
Scholium. 


In the ſame Relation, that relative Infi- 
nite ſtands above a given Finite in aſcending, 
in theſame may another Quantity be ſuppo- 
ſed to ſtand below it in deſcending, in which 
Caſe, we ſhall have a relative infinitely great 
Quantity in aſcending above the given Fi- 
nite ; and a relative infinitely little Quanti- 
ty in deſcending below it. So that relative 
Infinite in general may be aptly diſtinguiſh- 
ed, in reſpect of the given Finite, into re- 
tative in Maire h great, and relative inſinite- 
H little. For brevity ſake, we ſhall call 
the firſt relative Infinite, the ſecond rela- 
tive Nothing. 


Definition IX. 


Relative Nothing (in its ſimpleſt Nature 
and loweſt Degree) is an — — little 
Quantity, as it ſtands related to a given 
Finite, by the perpetual Subſtraction of 
which from it ſelf it is generated. Let o 
ſtand for relative Nothing. 

Tuus 1 is a relative inſinitely little 
Quantity, as it ſtands related to Unity, by the 


1 


ok Religim. + 5 


perpetual Subtraction of which from it ſelf, 
it is generated; that is 1 2 1— 14 1— 
1+1—T1+1-—1@&c.andos is an infi- 
nitely little Quantity, as it ſtands related to 

the given Finite 4, by the perpetual Subtra- 
Aion of which from it ſelf, it is generated; 
that is 4 4 - 42 ＋ 2 — 21 42 — 4 Gc. 


Definition X. 


AN indefinite Quantity (in its ſimpleſt Na- 
ture and loweſt degree) is ſome mean Pro- 
portional, between Finite, and relative In- 
finite or relative Nothing. | 

Fox, as in deſcending from 1 to o, we do 
not immediately ſlip from finite to relative 
Nothing, but muſt neceſſarily paſs through 
the intermediate Steps 4, J, +, + Sc. in Arith- 
metical Progreſſions; and in aſcending from 
1 to o we mult paſs through the Steps be- 
tween both 2, 3, 4, 5, Sc. in the fame Kind 
of Progreſſions. So in the Geometrical Pro- 
greſſions, in deſcending from 1 to o, we muſt 
paſs through theſe mean Proportionals*4/0 3/0 
4/0 Sc. and in the ſame Progreſſions, in aſcen- 
ding from i to oo, we muſt paſs through the 
mean Proportionals * oo 3 oo 4/ oo, &c. 
and theſe we call Indefinites. Thus in Geo- 
metry, if we cou'd imagine a Circle, drawn 
upon the ſumm of a finite right Line repre- 
ſenting 1, and an infinite right Line repre- 
ſenting 
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ſenting o 1, as a Diameter. A Perpendi 
culat erected on the Point where theſe two 
Lines meet, reaching the Circumference, 
wou'd repreſent the zndefinite right Line 
implied by % 1. Let OO ſtand for ſuch 
zndefinite Quantities in general. 


Scholtum. 


UxiTy being the ſimpleſt finite Number, 
by conſequence «o1==1+1+1+1+1 Ge. 
muſt be the ſimpleſt z»/finitely great Num- 
ber. And o1=1—1+1—1+F1—1 Gs. 
muſt be the ſimpleſt inſuiteſy ſinall Number. 
And by reaſon the greater the Number deno- 
minating the Root is, the leſs che Root itſelf 
will be, therefore / 1 (= to any finite 
Number greater than Unity) will be the ſim- 
pleſt Indetinite. Put 1=y= os there- 
fore L oo = Ly. but L w=o (as will be 
ſeen by the laſt Chapter) therefore & X o 
—Ly. that is S =I = Ly. But 1 may be 
the Logarithm of any finite Number, grea- 
ter than Unity, in the Scale of Proportionals 
1. al. az. a5, at, Sc. therefore *Yoo 1 may 
be any finite Number greater than Unity. The 
Tndefmites of the firſt Degree, that is where- 
in the Number denominating the Root 1s an 
Integer, may be univerſally thus exprels'd 

. — I ,IXM+FI 
m — — 1 — m —— 3 
e e ene 
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= U + Se. Now as o 1=1+þ+1+1+ 


1+1 Se. and o 1=1—1+1—1+ 1—7, Ge. 
and o I. are of the ſimpleſt Nature, fo 
alſo are they of the loweſt Degree. The 
ſuperior Degrees being generated of co x, af- 
ter the ſame Manner that oo x is of 1, for 
if we add co 1, perpetually to it ſelf, we 
ſhall have a relative infinitely great Quanti- 
ty, of the ſimpleſt Nature in its Kind, but 
of a higher Degree, viz. oo 1+ O 1+o 1+ 
0 I Sc. =1+1+1+1+1+1+1 Sc. +; 
TITITITITI Sc. TITITITI＋1Ge. 
Sc. (Since a perpetual Addition of an 

Quantity to it ſelf, is equal to a Multiplicati- 


on by OO 1) oo 1 X 1+1+1+ 1+1+1 Sc. — 
o 1 X © I= O. So o τ ο a+oaÞ+o ac. 
n Sc. = O X Oo 
a= co? a. After the ſame manner o 1=1— 
1+1—1+1—16c. If ſubſtracted perpetually 
from it ſelf, it becomes o 11 +01—91 Sc. 
=I—I+1-1+1-1 Ge. —1—1+1-I+ 
11 &c. + 1i—=1+1-1+1-1 Sc. —1— 
141—1 ip Sc. + Sc. = (lince a per- 
petual Subſtraction of a Quantity from it ſelt 
is the fame with a Diviſion by o 1 —1 


— — —— — 
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+1—1+1-1&, o 1 


_—_ ——=—XO0=OXI—I 
2 oo O0 

TI ITI -I Sc. . Thus we have 
a relative Nothing leſs than o, but of a ſu- 
perior Degree; for as relative inſinitely great 
Numbers increaſe in their Value, by be- 
ing raiſed to ſuperior Degrees, ſo relative 
znfinitely little decreaſe, becauſe the firſt 
perpetually aſcend from Finite, the latter 
deſcend perpetually further from it. And 
thus all the Degrees, that finite Quantities 
admit of, may be form'd from relative In- 
finites and Nothings. And as we have Inde- 
finites / between 1 and Infinite in a/fen- 
ding, and m /o between 1 and o, in deſcen- 
ding, ſo analogous to their Natures we have 
the ſuperior Degrees m/e and n. Na- 
ture in all theſe Caſes admitting of no 
Bounds nor Limits. | 


Definition XI. 


Abſolute or SUPREME Infinite, in a pro- 
per Senſe, is one, Individual, admitting of 
neither Increaſe, nor Diminution, or of 
any Operation that mathematical Quantity 
is ſubjected to. 


Tas will be better underſtood afterwards, 


. 


Defi- 
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Definition XII. 


Abſolute Nothing in a proper Senſe is 
neither capable of increaſing nor diminiſh- 
ing, nor of any wile altering any Mathema- 
tical Quantity to which it is apply'd, but 
ſtands in full oppoſition to ab/o/nte Infinite. 


Axions. 


I. That which is greater or leſs than any 
poſſible finite Quantity, how great or little 
ſoever, muſt be a relative leite Inde fi- 
nite, or Nothing, and which of all theſe 
Three, the given Quantity is, the State o 
the Caſe will always determine. | 

Bes1pEs, Infinite, Indefinite, and No- 
thing, relatively conſidered, we have no J- 
dea's of Quantity, and the Definitions of 
theſe already given, apply'd to the State of 
the Caſe under Conſideration, will always 
determine which of theſe the Quantity aſ- 
ligned mult be. 

IT. Number being the ſimpleſt Meaſure 
of Quantity, and a proper Unity being the 
Meaſure of all Number, a proper Unity 1s 
the Meaſure of all Quantity. 

THar Unity is the Meaſure of all In- 
tegers is evident: And in Fractions, the 
Denominator determines the proper Unity, 


whereof 
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whereof the Numerator determines the 
Number. Wherefore in the following Pro- 
poſitions inſtead of Quantity, we ſhall fre- 


e its Meaſure Number, to expreſs 
eaning and to demonſtrate their 


Truth. 
| | Propoſitions. 


I. Quantity may be increas'd or diminiſh'd 
in Infinitum. 

CasE 1. That Quantity may be encreas'd 
in Infinitum, is evident from hence, that 
fince it is certain, a finite Quantity may be 
added to a Finite, what may be once done, 
may be done again and again, and conſe- 
quently may be done any Number of Times, 

reater than any finite Number how great 
. that is L 4. and Axiom 1. 
Quantity may be increas'd in Infinitum. 

Cask 2. that Quantity may be dimini- 

ſhed in Iufinitum is evident from hence, that 


out of X a... ano ro ds 

the gi- Attn n 
ven Quantity AB, by the Sixth Book of 
' Euclid, you may take out any given - 
Part, and out of the Remainder, you may 
alſo take out any — Part, for the ſame Rea- 


ſon that you can take it out of the firſt given 
Quantity AB, and ſo on continually, and 
yet 


b 1 


of Religion, | 15 


yet you ſhall never reach the Extremity B, 


ſince the & Part is {till leſs than the whole 
Remainder. That is, you may take out 
M a 1 ; 

A Parts in a certain Proportion out of the 


given Quantity AB perpetually, that is, the 
my AB may be divided in Tafaltem. 
q. e. d. 


Another Demonſtration of both Caſes. 


The Incommenſurability of ſurd Quanti- 
ties to rational ones, as they are call'd, is 
a full Demonſtration, that 2 may be 
increas d or diminiſh'd in Iafnitum. 
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A | — 0 ä 


ah 
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DE.. 3 C 
Let ABCD be a Square, whoſe Diagonal 
is DB, putting the Side ADI. Then is 
AD to DB, as 1 to v1. Take in the Side 
AD, apart Pp the leaſt | qr draw PM. 


p m. parallel to AB and Rm parallel to AD; 
Since the Triangles BAD and MPRm are ſi- 
milar, Rm will ſtill be to mM as 1 to v1. 
therefore it is impoſſible to find in AD a 
Part how ſmall ſoever, that taken, any fi- 
| nite Number of Times, how great” ſoever, 
[ ſhou'd be equal to M. So that let AD 
Il be divided into Parts how ſmall ſoever, and 
mr how many ſoever, yet ſtill DB may be fur- 

ther divided. That is mY Def. 5. and 4. 
l and Axiom 1. DB may be divided in Infini- 
j tum, and AD increas'd in Injinitum. 125 4 
07 06s 


— — — 


— — - —— ̃ A. — — —— u— Roo 


— : man 
e See 1120} a7 
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Corollary 2 
I 


Hexdk it ib evident, that to aſſign the 
| abſolutely . greateſt relative Infinite, or .the 
abſolutely leaſt relatrue Nothing is a. 15 

Contradu ion, ſeeing both, thee are {ti 
theniatecal Quantities (as is plain from Def. 
1. 4. &.5, and ſhall be afterwards further 
ne ae of and ſo. by this Propoſition, 


are capable of further 18 or Diminuti- 
on 5 and ſo the afſign'd can THE be the 


greateft nor lea, abſolutely. 
2 _ 11 I 


, Corollary, II. 


4, 


FI 22 from Def. 4. 8 1 we may 

diſcover wherein the 2 et Diff erence x4 
„ WH tween Finites and relative Infinites or No- 
- WI c4:ngs confiſts:; To; Dale in. the limited In- 
+ create or Diminution of the former, and in 
a ill the pt PR, of the Incxeaſe or Diminuti- 
1- of thi for as ſoon as the Increaſe or 
r, Dn in theſe latter ftops, they be- 
D © come limited and aſſignable, and conſequent< 
id hy Finite;'and thereby, no Part * the deſi- 
ir- red Infinite. | 


d. 1 C | Coro 


A 
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— 


0 © œTœ — 2. 


| Corollary III. 
Hence it appears, that an Infinite of ei- 


ther Sort is (as to all arzzhmerrcal Operati- 
ons on it, with due regard to the Perpetui- 
Nil FN ** n the 
Nature of an unknown Quantity in A/gebre, 
For as In Ui, Tins ew of 3 lem, 
we perform arithmetirual Operations on it, 
as ii Wert known, and thereby we ſome- 
times do, and ſometimes do not determine 
its Value, but N 80 on this, 
we may perform the like Operations as up- 
on an unknown Quantity, with due regard 
to its particular Nature, and the State of the 
Problem, and thereby often diſcover. the 
ſpecifick Genius of its Progreſſion, which is 
always regular and hermonzons, as will be af 


terwards ſeen. rey 
, Propoſition IL 


Dnity divided by an mmfinite Number of 
Vnities makes the Cotten feuer Norbing 
or . L boiimil.cmo* 
- Demonſirat. o = IAI I- it &c 
per Def. 4. So =1 —1+1—1 Ge. pere 
Def. 5. divide 1, by 1+1+1+1+1 &c. 

and by the common Operations of Algebra, th 


) D 


you ſhall have 1+11+1+16c,) 1 (1 
Coro 


14 1—1 1 Sc. S. q. e. d. 


? : 


5 J * 2 
Cbroarj 
* * 0 AY [ «> *8 4 * An N \ 
. IS VR it $3 4 


Fon henoe it is evident; that Ur, dint 


4 — 


ni bohivin „ 110 03; v.11 
Heg ce ple it follows, that o XK O = 1; 
But this may be demonſtrated otherwiſe thus. 
0 121 +1 + I ＋ Sc. per. Def."4. 
Multiply both byo and then it is,  0=014- 


o1+0I+91 Sc. = ON 

but by: Prop. 2. O G. And 14111 Tr: 

'06 NOS GX = i. 
54 ! | 6 


_}" 


3 4 0 
. 6 ? * * 
- 


8 g 


- of As Finite in general is to relative Infi- 
ing ute in general, ſo is relative Nothing to 
Unity. That is e: G:: O: f. Mp 

Demomſtrat. By 1. Corollary Prop: 2. 2 


00. Multiply both by o then = oo © 


that is O 1 = O. therefore : 0 8?! : 
9 iT 4. E. d. 


C 2 Pros- 


— — — 
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Propoſition IV, 


— 


Relative Nothing is a real mathematical 
Quantity, and; implies tlie leaſt Furt of the 
Finite, to which its related or compared. 
De mouſtrat. This is evident from the Ge- 


gn 4 


neration of relatzue Norhing, aſſign d in Def. 
F. But to demonſtrate the Propoſition, with- 
out regard to this Definition, let AH infi- 
nitely produced from A, be divided into e- 
qual Parts AB,\BG, CD, DE, #2 80 that 
an equal 1 bah nie N f n cls Ce 
Fart of oy ft 
this Line A 2 B. . D F I 
may denote any Number. Suppoſing AB=1, 
let x denote any Number, ſor Example x 
—AB, * Al, then by the common Rules 
of Diviſion ©—=L+* A Ge 
4 * 1h: e 
Now ſuppoſe & infinitely near to B, then 
1 1 1 . . 
2 & 5 a * KNA 
A ö | * fa 155 2 : . * 1 N 
Ge. by Def: 4. that S , XI 
+ 1 + 1 Ge. therefore = LA. 
T7 N n 4 
Sc. But by Suppoſition AB l therefore 


==t+1+1+r+1 Sc. I. But by 
x A — — « 4 


e 1 Shane oa £ 


Corollary 1. Prop 2. = oo therefore + = 
| * 


— 


4 

of Velten. 21 
rand conſequently + . But & being a 
real mathematical Quantity, by Def. 1. 0. 
alſo muſt be a real mathematical Quantity, 
and the leaſt Part of Unity to which it 
ſtands related or compared. q. e. d. 


N Cyurolluny I. CI) 20d 491 


— — R 


relatively below it in its wn Order, ſo is, 

o the greateſt relatively above it in its 

Order, but Jord below and above theſe, we: 

may deſcend or aſcend in a higher Order or 
Degree, without Bounds or Limits. 

| L hats: [3 6 th | 

» Corollary II. 


= 
. 7 
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WEN a Curve is ſaid to meet with its 
Aſymptot, and when in the common Hyper 
bola we obtain the Ares. — ＋ in the 
Example propoſed we put x, in theſe 
and ſuch like Caſes we mean only, that 
in the firſt Caſe the Ordinate is infinitely 
little, in the ſecond, we mean the leaſt Part 
of the Alſeiſt, and in the third that y and 
x muſt differ only, by an infinitely little 
Part of x, or by x only; and not that 

| C.3 they 


** * — tid — *” 
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they are abſolutely equal, elſe there wou'd 


be no Diviſion, and conſequentiy n Quoti- 


neun. 
N e x 


7 


ent, as ſhall be afterwards: 
Ep - Corollary HI. ot ; 


SINCE by Corollary 1, 24 Prop. WAS os 
1 — + I — II Ge. I-III -I 


Se. Since alſo . =1-+H1I+1+-L+! 
Se. as is evident from the common Rules 
of Diviſion, ſeeing the two firſt Terms on- 
ly effect the Quotient, (all the reſt being 
but Repetitions of the fame Terms) and 
laſtly, feeing the ſame Quotient is obtain'd 
whether the Divifor be 1 — 1 or 1 — 1+ 
I1—1-+1—1 &c. the reiterated Multiplica- 
tion of the Quotient upon the Diviſor, pro- 
ducing the ſame Effect (in the actual Ope- 
ration of the Diviſion) which foever of the 
Diviſors we chooſe, we may ſafely put in 
common Caſes 1 — 1 or 2 —2,,0r a—a 


for 0. | 
| Corollary IV. 


Fxom hence, and Def. 4. we may diſco- 
ver the true meaning of the Expreſſion, when 
it is faid a Quantity is greater than Infinite, 
or one Inſinite is greater than another. In 


_ theſe and the like Expreſſions o = 1 ha 


. 


] 
( 


z n Tr » 1. bs frgon 97. WP 


\\ 


+1144 Ge, is always ſuppoſed the com- 
mon Standard or Nene all others 
are compuree. Proper 'Un&zy np i 


iom 2. t | nanti- 


e common Meaſure of all 
ty, and when a Quantity x is faid to be 
greater than Infinite, the meaning is, that 
it ay an Infinite, greater than os 1. 
and when oa 2, is ſaid to be greater than 
& 1, it is no more than to ſay 2<1. In all 
theſe relative Infinites admitting of Com- 
pariſon, there is ſtill a particular Finite, to 
which each reſpectively are related, and it 
is on thefe Finites that the comparing the 
Infinites among themſelves is founded. Fhus 


2 592 A kb. „il enn 
0 2 — — 2 2421212 Sc. when 
O ti nen 
compared with oo Þ — 21471 


40 * 0 H* 
1+x Sc. the finite Parts of theſe two In- 
finites, vi. 2, and 1, are the Subjects of 
the Compariſon. And when o 2 is faid to 
be greater than eo r, it means only that 
the Finite's Parts, of which they are = 
rated; are as 2 to 1, or theſe in the firſt are 
double of thoſe in the ſecond, It is the 
ſame thing as in ©2, compared with or, 
or 2x with 1x, nothing is meant in either, 
but that 2 is greater than 1 : e, and x, 
and oo, being as to this Cafe equally un- 
known Quantities, which may be thrown 

C 4 | out 
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— 


out in the Com ariſon, and' univerſally, in 


all relative Infinites o, fu 
Sc. and in all relative Nothings o, =1 


n &c. oo — 5 is the 
Expreſſion a, the Ratio of. the firſt Series, 
and o — Is the Repreſſion. of the Ratio 


of the "oor Series, and theſe two 25 and 
4 4 ＋ 


—are proper Subjects of the Compariſon 


where n may admit of all the Relations that 
Finites have among themſelves. 


Propoſi ron V. 


Relatrve Infinites, Indefinites, and Me. 
things (with the proper Limitations peculiar 
to each) admit of all the Degrees and arzth- 
metical Operations, that finite or mathema- 
7icat Quantities are ſubjected to. 

Demonſirat. This is evident from Def. 
4, 5, and 6. and the Scholia adjoyning to 
theſe, and is alſo manifeſt. from the prece- 
dent Prop. and its firſt Corollaty, as to re- 
lative Infinites and Nothings; and ſhall be 
afterwards {hewn, as to Indefinites; to wit, 
that all theſe are ſtill mathematical Quanti- 
ties, capable of Increaſe and Diminution 12 

Iuſinitum, and conſequently muſt admit - 
a 


t 


an I he na Ope erätions Wich 


r Limitations eco to each) that fi 
Quantities are fubjected to. And to con- 
firm this, we may obſerve in Nature a 
Reſemblance of theſe higher Degrees of re- 
lative Infinites, and conſequently by Ana- 

logy of relative Nothings allo. For if Space 
be infinite, as ſhall be afterwards demon- 
ſtrated, 1t mult be ſuppoſed equal to an i 


finite Cube of Sphere, whoſe Diameter will 


be as c T, its Seen through this Diame- 
ter as co“, and its Content as oo. q. e. d. 


Propoſition VL 


Relative Infinite has to the Finite! with 
which it is compared, no finite Proportion, 
or Finite, when compared with its proper 
relative Infinite, becomes relative Nothing. 

Demonſtrat. This is evident from 4 2 
rollary Prop. 4. the Ratio of the relative 
Infinites in . o t- . An ＋A 


Ec. being — that is o # = . 1: 


2 :: 1,0. q. e. d. on the other Side let us 
ſuppoſe the Ratio of the relative Infinite in 


4 
general 0 1 to 5 to be a finite Ratio — 


then oo =— -which i is impoſſible by 2 Co- 
rollary 


he = * 
—— — — „„ ²³·wm —Ümti r . eter een oe. — 
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rollary Prop. 3. wherefore ſigce : 21 


: by compoſition of Ratio s, oo# --#: = 


22 1 — © 270 but 1 ＋o is but 1. therefore 


oon ,; is but o n, or # a finite 


- 


becomes o. q. e. d. 
" Corollary LP 


HeNcs, relative Inftuite in general is to 
Finite in general, as Unity is to relateve No- 
thing : or any Finite, hen compared with 
relative Infinite in general, becomes relative 
Nothing: that is o: :: I. 0. 

Demonſtrat. By the preredent Propoſition 
o#:1::1:0::4:04, and by converſion 
of Ratio's o# : 4: : 110 4. Suppoling then 
à to be a finite Quantity, Nothing but an in- 
2 N Per of way pe n or 0's 

ing equal to I, orollary 2. Prop. 2. 
04 W be ſtill o, or ö 
— 0, by Corollary 3. Prop. 4. wheretore 
oon: 4: : 2: O, and by compoſition of Ka. 
rio's oo : 4: : 1: o, put #=t and 
a 2 then oO: :: 10:0: and 
ſince 1 is but 1, therefore o + e is but 
oo; Wherefore oo: :: 1:0, or when any 
Finite is compared (by Addition, (or by Sub- 
traction by Diviſion of Ratio's)) with vel. 
tive Infinite in general, it becomes re/atzve 


Nothing q. e. d. The true Analogy is this, 


when compared-with its relative Infinite oo # 


00 7! 


WW —— TH "ar © EY 


- n 5 
T 


—_— 
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oo # or A Tc. a: 1 a—aba— 
a-+a—8 c. but becauſe a ia ſuppoſed Finite, 
a0 is the fame (in Caſes of Addition and 
8 with a. But were a , 
then 4—4+4—a+4— 4 Gc. would be ca 
- - oo Be, = OK 1—1＋ 
I—I+1—1 Sc. =o Xx 4 t, and o 
o + o#— os Te, S8 


Covellary II. 


Put # equal to any Integer, then I: 
1 t 1: 0, but o: -:: o: 1, for the 
firſt being reduced, becomes o: 1: : I: a, 
and the ſecond being reduced, becomes o: 
1: :.: 1; and therefore when o is to 
be added to, or ſubtracted from an, it be- 
comes o; and when 0” is to be added to, or 
\ ſubtracted from i it becomes alſo o, by 
c. Scholium Def. 5. and the Caſe is the fame 
e when the inferior Powers ſuppoſe o, or 
.=; Sc. are to be added to, or ſubtracted 
id MW from o, or when os is to be added to, or 
id Ml fubtrated from the inferior Powers o or 
ut ; Sc. in all ſuch Caſes it is evident from 
ny the precedent Prop. and its 1. Corollary, that 
b- o O and o become o. 
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N cheſe Pro poſe Lions: nd Corollavies, 
an Arithmetick of Aafinires may be drawn 
out, different from a gy peta publiſhed, 
of no contemptible. U or narrow Extent 
in Algebra, and Geometry ;. as will be in 
ſome Meafure ſhewn by the third chmod 


The Arithmeticks of Infinites. .. - 


Ddition. 2 + 3 00 500. a oF 
2 40==3 40. O0 ＋2 23 005. 
o ＋ O- =1 +P oo". 4 œο e wo= 
are o. 3 1 3 O. 4 oo + @=a 

&. oo + o = O | of ft =, 
Let q be leſs than n, by a finite Integer, 
then con co — oo? | 

Subſtraction. 5 2 00 = 3 O. 104 
o 34 0= 7 40. 6 — 4 =2 
#0. eee eee. 7 — 5 of 
= 2c. 2 5? =4 oo, 5 Arg 
2x 5 — 4 df: 3,9 —7.=3 oo. 4 
oo — 4 = 4D, oof — oof: r co?." Let | 
be an Integer, teſs than p, then G — 
o — oof, 

Multiplication. coX3 = 3 CO. o Xa= 
40 , 0 X O D OO“: oO X O = O. oo X a 
oo —= off. 42 o Xx eO 4e oo. 3 © 
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> Thoſe who: are ever ſo little acquainted 
with the Hecious Arithmetict, will — 
underſtand the Reaſon and Truth of t 
Operations. = 


TOs i  Propuſ zion VII. 


Tandefinite Quantities are not properly ei- 
ther Finite or Infinite, but between both. 
Demonſirat. An indefinite Quantity is ſome 
mean Proportional, between finite and re- 
lative 


es 
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lative Infinite, per Def. 6. that is, one of 
thoſe Infinites will be: as =o put e 
t, and then /, will he an indefinite 
Number, now this / o can neither be Fi- 
nite (and this Manner of Reaſoning will hold 
ä of any other Indefinite whatſoever) nor 
ndefinite ; not Finite, elſe Ly would be In- 
Knite, which is im oflble; nor Infinite, 115 
for the leaſt i101 Infinite muſt be In 
in general, divided by tlie greateſt poſſible 
Finite x, and then if oo be infinite, 


„ r ande . which ie Ul 
abſurd. Again fo * be infiaite, — is 
© * —(= oo) = infinite; and e 
to its 8 infinitely ſmall Part, or — re- 
n Nothing = = Oz and ſo o Ro o * 


VE 55 e to infinite, But by Corollo- 
ty 2. Prop. 2. o XO I, and inſtead 
oo XO, putting its value 1. in this laſt 
1 it will be 8 


— = 2 nfnite, by Suppoſition ; 3 this 


fuopoſed Infinite would become 1, — is 
abſurd. q. e. d. 


LY 
Scho- 
1 960. 
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Tarxixd the Inſtance of the indefinite 
nantity propoſed oo i II Ic. 
Ny — the Root of any given Number 
rows greater or leſs, as the Number expreſ- 
fog oridenominating the Root is leſs or grea- 
ter; and in % 1, its infinitely little Root or 
D\/oo may be any finite Number greater 
than Unity, as has been already ſhewn; and 
its rate (ror Root or eo 1 is infinite. 
And between theſe lie all the Indefinites hat 
can be formed on 1 and oo ; towit , 3%, 
%, Sc. and none of theſe can be properly 
called either Finite or Infinite, but are in a 
perpetual Gradation towards either of theſe 
Extremes, as the Numer that denominates 
the Root grows greater or leſs; and they 
never becomt᷑ actually finite, but hen the 
Number denominating the Root is actually 
infinite, nor actually ey when the 
Number denominating is Unity. And be- 
tween theſe two Limite, they are neither 
actually finite not infinite. Next to 1% 
o = o (in urder ofthe fimpleſt Indefinites,) 
IS 2% 0 = 142 4-2: +32&c. where- 

„ | 
in (by the quick Increaſe and Greatneſs of 
the ſucceeding Terms) the laſt becomes ;£ 
in a few Number, ſo to ſpeak, of theſe 
AE Terms, 
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following Chapter, and in % o (for eam. 


fo their Sum % o will be much leſs than 
2% co. And for theſe (even when they rie 


— — CC . — 


ing to the Example laid down in the Jeboliun 
olf rhe precedent Propoſition, _ this ad 


| dition, that an Indefinite as © 7 or 2 q 

multiplied by ahothir indefinite 0 ＋ gives 
4+ I 

the product O 7 —which e Inf 


—is Infinite, when 4 5 — pr is = or . 


, but is Finite when —pr = and 


* * 


E. erms, where the Series terminates, ini ſo 
their Sum . becomes thereby leſs than 
oo I. as will be more fully explain'd in the 


ple) =I sc. we ſee the Terms 
of the Series converge yet faſter, and wil 
thereby terminate at ꝙ, much ſooner. And 


to fractional Exponents, wioſe Numerators 
are greater than 1, ſuch as o. . oo?, 
Sc.) an Arithmetick may be formed, accord 


* Ty Ta 


nite, when 9 + pris or <P and 
Indefinite r bn beg or p. 


"tad if an Indefinite as oo - be divided by - 


4. 
a Indefinite, as o 7 the Quotient cop = 


Las oy when 7 1 1 7 5. or 
x 
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it ought to be according to the Arithmetick 


| 
of Surds. ot. 7 6 07 bas D 
N. B. That in expreſſing an Indefinite by 
00 1 it is always ſuppoſed that the Number 9 
is leſs than p, for if 4 be either greater or 
' | 7 


equal to PX, then of tho” it may be an 
Indefinite of the ſuperior Degrees, yet it is 
always infinite in its Value. | 


Propoſition VIII. 


Space, or the Extenſion of the Univerſe, 
is a relative Infinite, but of a higher Degree 
than the ſimpleſt relative Infinite oh 1. 

Demonſtrat, Every Limit is the Termi- 
nation of two Diſtances, one going forward, 
the other backward from the limiting Point, 
and were the Extenſion of the Univerſe li- 
mited, theſe Limits wou'd terminate a Space, 
beyond theſe Limits, as well as within them. 
That is, either the univerſal Space muſt be 
unlimited, and conſequently infinite, or there 
muſt be Space beyond the | FROM of nniver- 
fl Space, which is abſurd. Again, if the 
Extenſion of the' Univerſe were limited any 
<'vay, fo as to become finite, then a Sphere 
f a finite Diameter might be found equal 
no it. For the Cube of a finite Side may be 
Wound equal to any finite Content whatſoe- 

"Fir 1.  D very 
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ver, as is well known, and the Radius of 1 
Sphere equal to this Cube is the Produt 
of the Side of the Cube, multiplied into the 
cube Root of Parte of the Ratio of the 
Radius to the Circumference. Let us ſup- 
poſe the whole finite Extenſion of the Uni- 
verſe equal to the Sphere whoſe Radius is 


r 
| H. 


* 


AB. Let this Sphere be cut by a Plane 
through its Center, and the Section be the 
Circle ADE, it is certain from the Ele- 
ments of Euclid, that to any given Point 4 
a Tangent AC may be drawn, of which on- 
ly the Point A falls upon the Circle the 
reſt of the Line AC falling without it. 
From whence it is evident, that there muſt 
be Extenſion without this Circle, or the 
7 | FSoyphere 


1 * a 
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1 Wl Sphere by the Section ot which it is genera- 
ted. Since a Plane paſſing through this 
Tangent, and perpendicular to the Plane of 
e chis Circle, will only touch the Sphere in a 
point; by which there will be an extended 
Diſtance remaining between the Circumfe- 
ence of the Sphere, and the touching Plane, 
in all their Points excepting that one at A; 
\nd ſince this is true of every a//ignable Ex- 
enſion how great ſoever, leſs than Infinite. 
It is evident the Extenſion of the Univerſe 
greater than any a//ignable Extenſion, how 
great ſoever, that is, by Axtom 1. it is ge- 
atively Infinite, which is {till more evident 
om Def. 4. Since its Parts are finite and 
heir Sum only infinite, and ſeeing this Infi- 
ite is of three Dimenſions, or as t in 
eight, Breath, and Depth, therefore it 
| off in its Content be as o, that is, of a 
perior Degree to o. q. e. d. 
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Philoſophical Puntipies 
CH AP. II. 


Of the PILOSOYAHI OA Prin. 
caples of reveal d Religion. 


Lemma l. 


H E R E is in all the Works of Na. 

ture a Symmetry and Harmony, run- 
ning on in a perpetual Analogy (with pro- 
per Limitations ariſing from the different 
Circumſtances of the ſeveral Parts) through 
the whole and the Parts; or there is a regu- 
lar Connexion, and uniform Proportion be- 
tween ſimilar Cauſes and Effects, a Congru- 
ity between the End and the Means. An 
Aptitude between the Faculty and its Acts 
and between the Organs and their intended 
Uſes in the whole, and in the ſeveral Parts 
of this Syſtem of Things. 

Demonſtrat.. "Thus is evident from innu- 
merable Inſtances already diſcover'd and af 
certain'd. And every new Diſcovery in the 
moſt minute Part in the Works of Nature 
carries along with.4t a freſh Demonſtration 
of this Propoſition ; one muſt be intirely ig. 
norant of Philoſophy, and Mathematicks, t 
want a Cloud of Witneſſes to this Truth 
For Inſtance, the /e/qxzalter Proportion, oi 
the 
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the periodical Times of the Revolutions of 
the primary Planets about the Sun; and of 
the /ecundary Planets" about the primary 
Ones; to their middle Diſtances from the 
un and primary Planets reſpectively, ob- 
tains univerſally. Their Magnitudes, Gra- 
vities, Denſities, and their Velocities in 
their Orbits, in reſpect to, and about the 
un and the primary Planets, in the Pla- 
nets, Comets, and Satellite, are in a regular 
and comely Proportion; the ſame Gravity, 
the ſame Law thereof, and the ſimilar Effects 


of both, obtains through the whole materi- 
g Syſtem of Things. The Reflex:ons, In- 
Lexion, and Nefractions of Light, are the 
vl fame in all the planetary and cometary Bo- 
du. dies and Regions; as they are on our terreſ- 
Au trial Globe, with due Regard to the differ. 
sent Denſities of the Medmms. The Circu- 


deal lation of the Fluids, the Manner and Organs 
\rt; of e e and Generation, are aualogi- 
cally the ſame in Man, Brutes, and Vege- 
tables; with proper Limitations ariſing from 
che differing Circumſtances of theſe Gradati- 
ons of Animals. The general Laws of Flu- 
ide, Elaſticity and Gravity, obtain in ant- 
„nal and inanimate Tubes, but ſo far as the 
Mare alter'd in the firſt by collateral Cauſes. 
he whole of Philoſophy and Mathematichs 
M's nothing but particular Inſtances of this 
beautiful Analogy, and thepreceeding Chap- 
| 3 ters 


his Works in 
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ters of the firff Part contain nothing but 
particular Inſtances thereof. And if we de- 
lend into the ſpiritual Horld, we ſhall find 


this beautiful Aualagy preſerv'd, as far as the 


different Circumſtances of theſe Beings will 
permit. And if in this Demonſtration, it 
were allow d to take in the Suppoſition of a 
Being infinitely perfect, who contrived and 


executed the whole, and the ſeveral Parts of 


this Syſtems of Things; it is impoſſible it 
ſhou'd be. atheriite: A Being infinitely 
Wiſe, Simple, and One, muſt neceſſarily bring 
about ſimilar Ends by ſimilar Means, and 
perform all his Works the plaineſt, moſt fim- 
ple and ſhorteſt Way poſſible; due Regard 
being had to the whole, and the different 


Circumſtances of the ſeveral Parts. ii ſdon 


in Things, is their Symmetry, Regularity, 
and Aptitude for obtaining their del gn 
Ends and Purpoſes. The W:/dom of a Ma. 
chin conſiſts in the due proportioning ol the 
ſeveral Parts to one another, and to the 
whole, for obtaining its propoſed End. Dif 
proportion, Irregularity, Diſtord; and the 
having no View or Deſign, are the ſureſt 
Proots, and Indications of Chance, Impo- 
tence. and. fine” A wife Man performs all 
umber, Weight and Meaſure, 

and ſure Iufinite Wiſdom, Simplicity, and 
Duity, muſt accompliſh all its Works, with 
the moſt conſummate Harmony, En 
an 


and Wee . And this in the following 


Parts of this Treatiſe, for Brevities ſake we 
ſhall call the ANALOGY OF THINGS. 


Tema II. 


Tais ANALOGY OF THINGS: duly 
inſtituted, is as certain a Demonſtrateon of 
the Exiſtence and Mi ſdam of the Author of 
theſe Things, and of the Contriver ofthis 
Analogy, as alſo of the true Nature and Qua- 
lities of theſe Things diſcovered by this A. 
nalogy, as any mathematical Demonſtration 
is of the Propoſition propoſed. . 115 

Demon ſtrat. No Effect can be, without 
its proper Cauſe; a wiſe and regular Effect 
muſt be produced by a wiſe and intelligent 
Cauſe, and an finely wife, and infinitely 
complicated Bftedt, muſt” neceſſarily imply 
an e wiſe and Omnifezent Cauſe. 
Theſe are ſo certain and infallible Axiome, 
that I know not if in all the Compaſs of 
human Knowledge, any others come up to 
the ſame Degree of Evidence: And he can 
be no proper Subject of Philoſophy or Ma- 
themattcks, who cou'd ſeriouſly deny them, 
ſince the whole Evidence of both theſe Sci- 
ences ſuppoſe the firſt of the Axiome, and. 
the reſt are but like multiplying both Sides 
of the ſame Equation by the lame Terms. 
I have already obſerved, that the iſdom ot 


4 an 
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an Effect, or Syſtem of Effects, conſiſts in 
the Proportion or Anualogy of the ſeveral 
Parts to the whole and to each other, and 
of the whole, to the End propos'd ; and that 
Irregularity and no Proportion is the ſureſt 
Evidence of Want of Contrivance, Wiſdom 
and Deſign: Now ſince the ANALOG! 
OF THINGS, juſt 'now- demonſtrated to 
be found in all the Works of Nature, in the 
whole, in every the moſt minute Part: 
And in theſe Inſtances of this Analogy, 
without Number, and without End. (E- 
very new Step in the Knowledge of Nature 


diſcovering freſh Inſtances of this Analogy) 


all theſe, I ay, do neceſſarily | infer an 
Infinity of infinite wiſe Eiects and 
therefore theſe Effects muſt as neceſſar 
infer the Exiſtence of the Author of theſe 
Effects, and the Wildom of the Contriver 
of this Analogy, as an Effect infers its Cauſe; 
that is, as certainly as any mathematical De- 
monſtration infers its Propoſition ; ſince its 
Certainty depends on the Connexion be- 
tween Cauſes and Effects, and the Truth of 
this Analogy in general. Ifay in the next 
Place, that the true Nature and Qualities 
of theſe Effects or Things, diſcovered by 
this Analogy, duly ' inſtituted, may be as 
certainly concluded from this Analogy, as 
any mathematical Demonſtration. concludes 
its Propoſition. Mathematicks and Phils 


Jſophy, 


ſepby, fo far as they are juſt It enuine, are 
tin Branches of this Analogy. 93 | 


* Y WE [ 


— cc. 


* 
% ; F 
— * o * 4 
* 1 —_— 
— —— _— GC 
} 9 0 
* | ; R I 
9 - ” 
* — . i 


but 
ticks are but this Analogy apply'd, to Fi- 

ures and Numbers. Philoſophy, properly 
Þ call'd, is but this Analogy apply'd to Bo- 
dies, or Syſtems of theſe; or to the ab- 
{trated Natures of Things. Both ſuppoſ 


the Truth and Neceſſity of this Ana 72 
9 


without which they are but Jargon and 

mance. An Inſtance or two will make the 
whole Matter clear. Suppoſe it were re- 
quired to find the refracted Ray, when the 
refrattzve Powers of the two Mediums, 
with the Inclination of the incident Ray, 
on the incident Plaue, are given. Let us 
borrow a Coroilary from this Analogy of 


Things, to wit, that the Diſtance between 


any fix'd Point in the Incident, and ano- 
ther in the refracted Ray, (the refractive 
Powers of the two Mediums being regar- 
ded,) is the ſhorteſt poſſible ; and with this 
Corollary make an exact Computation; we 
ſhall then find the refracted Ray preciſely 
the ſame with that found out, from other 
different Principles and Methods (ſuppoſe of 


Trigonometry) where this Corollary has had 


no Place, as the Geometers have ſhown. 
This phyſical Demonſtration of this particu- 
lar Property of Light, (to wit, that in all 
Incidences, the Sine of the Angle of Tnci- 
dence, is to that of Refraction, in a conſtant 

| Ratio 
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Ratio) ariſing from this Analogy, is as cer- 
tain a Proof of the Exiſtence and Wiſdom 
of the Contriver of this Analogy, as alſo of 
the true Nature of Light, (as to this parti- 
cular Property) as any mathematicat Demon- 
ſtration th ſe that by Trigouometry) is 
of · the true Nature of the incident and re- 
frafted Ray. For who but an Qmnz/cient 
Artificer cou'd contrive Light ſo? That a- 
mong all the infinitely different poſſible 
Ways, between two aſſign ' d Points, it ſhou'd 
ſingle out that one, which is the ſhorteſt ? 
And it is certain that the refracted Ray is 
as truly found out by Virtue. of this Aualo- 
O, as by any other more geometrical Me- 
thod. Another Inſtance may be taken from 
the regular and harmonious Progreſſions of 
infinite Seriess ;, for Example, in the Pow- 
ers of the Binonimal Root, A * = a" + 
#4 n--ly +2 X _ 4 y* * X— 
4 y c. or the Series produced by Di- 
viſion — I +#' + #3 + 11 Ge. In 
a Word, every particular Problem in Alge- 
bra and Geometry might be brought as In- 
ſtances of this beautiful Azalogy of Things; 
and thoſe who are converſant in the more 
abſtruſe Speculations of abſtract Geometry, 
can furniſh themſelves with Inſtances ſo ſur- 
priſing and extraordinary, of the Dun 

0 


of Nature in this beautiful Harmony, and 
comely Proportion, even in the largeſt Com- 
putations and moſt complex Conſtructions, 
as far ſurpaſs theſe Inſtances I have brought. 
NoWC hut an infinitely wile Being 
cou'd have conſtituted the intellectual Spe- 
cies of Things ſo admirably? That all the 
Terms of theſe Progreſſions ſhou'd thus go 
on in ſuch regular and harmonious Propor- 
tions, that every ſucceeding Term ſhou'd be 
made up of the preceeding ones, modify'd 
after one conſtant Way, that by the Caſt of 
an Eye, the ſaid ſucceeding Term ſhou'd be 
aſſign d? Whereas they might have been or- 
dered, other infinitely different Ways, ſo as 
to have afforded no regular Progreſſion. And 
does not this Analogy and harmonious Pro- 
greſſion of theſe Serzes's as certainly give 
the ſucceeding Terms, as the actual Opera- 
tions of Algebra do? * more, and yet 
infinitely more ſurprizing Inſtances of this 
beautiful Aualogy, and of the Inferences 
drawn from thoſe aſſign'd, might be given, 
But theſe may ſuffice for an Illuſtration of 
this Lemma, | 


Lemma III. 


Tax Rules which ſeem naturally to ariſe, 
for the due Inſtitution of this Analogy ot 


Things, may. be reduced to theſe three, 1. 
| That 


— . 44 42 - . - — — wn ———— 
44 Philoſophical Pzncipies 


That the Quality, Property, or Idea, on 
which the Aualogy is inſtituted, be as ſim- 
pe an one, as poſſibly may be; and intire- 
1y the fame, both in the khown'and unknown 
Subjects of the Analogy. Thus when we 
reaſon from the Nature and Properties of 
Light and Gravity on our Earth, to the 
Nature of Light and Gravity in the Planets 
and Comet. We. muſt ſeparate theſe: into 
their moſt ſimple Ideas and Properties and 
(to avoid Confuſion) as much as may be, 
and inſtitute an Aualogy for each, to diſco- 
ver if the Analogy hold good in the Com- 
plex, and preciſely keep to the ſame Proper. 
ties in the Planets and Comet the unknown 
Subject of the Analogy, as were ſuppoſed in 
the Earth, the known Subject of the Aua. 
25. Elſe we ſhall run into Conſuſion and 
aralogiſm. 2. The neceſſary Limitations 
ariſing from the different Circumſtances: of 
the two Subjects of the Analogy, as far as 
they may be known, muſt be cautiouſly and 
carefully taken into the State of the Queſtion. 
Thus in the firſt Inſtance, aſſign'd in the ſe- 
cond Lemma, if the different refractive Pows 
ers of the two Mediums had not been pre- 
ciſely entered into the Equation, the Con- 
cluſion muſt have prov'd different from that 
found out by other Methods. Thus alſo in 
reaſoning, from the Manner of Generation in 
Animals to that of Vegetables. If the Li- 
mitations 
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mitations at iſing from the different Circum- 
ſtances and Orders of Being, in theſe two 
Subjects of the Analog y, be not carefully 
taken into the Reaſoning, the Concluſions 
muſt prove falſe and erroneous. 3. Both the 
Subjects of the Analog y muſt be known and 
examined into, as far as may be, in regard 
to the other Qualities diflerent from thoſe, 

the Analog y is inſtituted upon: But eſpecial- 

ly the known Subject of the Analogy muſt 
de as fully known as is poſſible, in regard 
co thoſe Properties on which the Analogy is 
inſtituted. Thus the more fully we under- 
ſtand the Nature and Qualities. of our GI, 
eſpecially as to Light and Gravity, and of 
the Comets and Planets as to their other Qua- 
lities, the more full and perſect ſhall our Con- 
cluſions be in regard to theſe aſſign'd Qua- 
lities, in the Planets and Comets : The more 
fully we underſtand the Circulation of the 
Fluids in Auimali, the more aptly ſhall we 
apply them to Vegetables. Theſe Rules duly 
obſerved will render the Concluſions drawn 
by Virtue of this Analog y of Things, as cer- 
tain as any mathematical Demonſtration 
whatſoever. : : | | 

Propoſition TX. 


Tus viſible, intellectual, and created Spe- 
cies of Things, are Pictures, Images, and 
Repreſentations of the inviſcble, * 

| an 
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and increated Specres of Things in the Mind 
of the ſupreme Being. 

Demonſtrat. This is evident from Lemma 
t and 2. For fince it is certain, that there 
are to be found in all the Works of Nature 
2 beautiful Harmony, a comely Proportion, 
and an exact Symmetry running thro? the 
whole. And ſince this Analogy of Things, 
neceſſarily infers the Exiftence of the Author 
of theſe Things, and the Wiſdom of the 
Contriver of this Analogy. Theſe Things 
and this Analogy cou'd come from nothing 
elſe but from their original Ideas and archi- 
typal Paterns, in the divine Mind or Ima- 
gmnation, and their Harmony and Proporti- 
on can poſſibly ariſe from-nothing but their 
being Repreſentations of his Ideas, who is 
Omni ſc ient, and does every Thing in Num- 
ber, Weight and Meaſure. There being no 
other poſſible Way they cou'd be contrived; 
and he being Supreme and One, cou'd find 
nothing without himſelf that they ſhould 
repreſent. Beſides, it is abſolutely impoſh- 
ble, that infinite Power and Perfection ſhou'd 
bring any Thing into Being, that had not 
his own Signature, Stamp, or Image on it, 
for there cou'd be nothing beſides him ſelſf 
whoſe Images they ſhou'd be; and it is ab- 
ſurd to imagine they ſhou'd repreſent no- 
thing at all. Therefore of neceſſity they 
muſt be Pictures, Images, and Repreſenta- 


tions 


AM 


Corollary I. 


Hxxcr it is evident that the vi/ible, in- 
tellectuat, and created Species of Things, 
are Images, Pictures, and Repreſentations of 
the divine Attributes, more or leſs perfect, 
according to their Order in the Rank of Be- 
ings. For ſince they are Images of the, ar- 
chitypal Ideas in the divine Mind, or ns- 
ginat ion, and ſince there was nothing with- 
out him, to- beget theſe /deas, and nothi 
but his own infinite Perfections, that cou 
repreſent themſelves to him, in order to 
make theſe Ideas ariſe in the Mind. There- 
fore of neceflity, they muſt repreſent his 
Attributes ot Perfections, the only Thing 
he cou'd have to copy out. 


Corollary II. 


HEN CE it is evident, that with rover 
t Limitations ariſing from the infnitely-in fi- 
+, e Diſtance ; (fo to ſpeak) hetween Finite 
2 nd ab/olutely Infinite we may reaſon analo- 
b. ically from the Nature and Attribute of the 
upreme intelligent Being, to the Nature 
ey ind Properties of finite intelligent Beings ; 
a- End from thele to thoſe; to wit, by ſuppo- 
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ſing theſe laſt Images, Pictures, and Repre- 
5 fe Diſtance of the 


ſentations at an in rſt. 


Propoſition X. 


A mathematical Point, and infinite Space 


are the two Limits of natural or created 


Things, as to Quantity or Extenſion, in As- 


cending or deſcending from Finite. And 
neither of them is any Part or Multiple oſ 


the other. 


Demonſtrat. This is evident from Prop, 
8. for natural or material Things can have 
no more Dimenſions than three, and there. 
fore the biggeſt Extreme in created Things, 
can riſe no further by the Analogy of Things 
than to raiſed to the third Dimenſion. 
And ſince infinite Space is as os, therefore 
infinite Space is the biggeſt Extreme, or Li: 
mit of natural Things aſcending from Finite: 
And ſince a mathematical Point is the Sur- 
face (ſo to ſpeak) of the Extremity of a 1. 
thematical Line, which has but one Dimen- 
ſion, it muſt of Neceſſity be the leaſt Extreme 
in deſcending from Finite: In a Word, we 
can riſe no higher in natural and material 
Things than infinite Space, ſince that is the 
Locus Oniverſalis of all created Beings: 
And we can deſcend no lower than a mathe- 
matical Point, ſince every Thing below it 


(if poſſible) cou'd have no Place at all, oi 
h - wou'd 
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wou'd be no where, that is, wou'd be abſo- 
lute N N. And neither of them can be 
any Part or Multiple of the other, ſince no 
Number of Points, no not even an infinite 
Number can make any real natural Quantity, 


not ſo much as a mathematical Line, therefore 
| Sc. q. e. d. i 


Corollary I. 


f HENCE a mathematical Point and univei- 
ſal Space are true and genuine Oppoſites in 
Nature, and in the Analog y of Things, and 
between theſe two lie all created finite Sub- 
ſiſtences. No natural Thing can be bigger 
than infinite Space, and no natural Ting 
can be leſs than a mathematical Point, they 
differ the moſt widely that natural Things 
poſſibly can, and have nothing common but 
Entity, and ſo are true and genuine Oppo- 


ſites. NET | 
Corollary II. 


HENCE in the Analog y of Things, Matter 
annst be infinite, in any Senfe of Infinite 
me ascending from Finite. For ſince Matter is 
we Wot thoſe natural Things, that neceſſarily re- 
ral Wovire all the three Dimenſions, were it infi- 
tne Write, by the Aualogy of Things, it wou'd 
55 neceſſarily be as os, that is, it wou'd be e- 
Le. Nual to infinite Space; but ſince the Neceſſity 
Uf a Vacuum has been demonſtrated in the 
irſt Chapter of the firſt Part, it cannot be 
vl PRI II. E equal 


' 


„ 
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equal to infinite Space, and fince it cannot 
be infinite any wiſe but as infinite Space 
by the Analogy of Things. Therefore Max. 


ter cannot be infinite, in any Senſe of Inf. 
nite aſcending from Finite. | | 
Propoſition II. 

Abſolute Nothing, upon a real Quantity 
produces no Effect at all. Or ab/olute N. 
thing can be ſuſceptible of none of thek 
arithmetical Applications, to which rel 
Quantities are ſubjected. 

Demonſtrat. Suppoſe abſolute Nothing u 
on a real Quantity cou'd produce any FE 
fect. Let the real Quantity be 2 and th 
Effect n, then abſolute Nothing x a = 


that is, abſolute N othing is equal to =, thy 
is, abſolute Nothing is a real Quantity, a 
Dis, which is abſurd. Now ſince abſolut 


Nothing multiplied into a real Quantity cat 
produce no Effect, for the Reaſon and bj 
the Argument now aſſign'd, neither can | 
when divided by a real Quantity, by tl 
fame Way of reaſoning, ſince Diviſion by 


un 
. . - 0 0 ne 
ſince Multiplication and Diviſion are t n 


lame with Addition and Subſtraction reiterh; 
© 


is the fame with Multiplication by >. An 
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ted as often as the Multiplicator and Divi- 
I for implies : Therefore ahßſolute Nothing is 
Fl ſuſceptible of none of thoſe arirhmerical 


Applications that real Quantities are ſubjec- 
ted to. q. e. d: | 3 | | 


Ko Corollary: 


Abſolute Nothing therefore, when apply'd 
to real Quantities by Multiplication and Di-\ 
viſion (and conſequently, when by Addition 
and Subſtraction) implies, that there is nei- 

her Product nor Quotient, hat is, that the 
real Quantity is neither multiplied nor divi- 
ed, but remains unaltered: 


Propoſition XII. 


nin the Analog y of Things; as a mathe- 
natical Point is to univerſal Space, ſo is 
ſſlute Nothing to the abſolute and ſupreme 
finite. | 
Demonſtrat. By Prop. 10. a mathemati- 
/ Point, and univerſal Space, are the two 
mits of material or natural Things; they 
volve ſimple, clear and diſtinct Ideas, and 


. 


re as well known, as = of the Objects o 
Aruman Knowledge: Abſolute Nothing is 
ne of the Limits of the aniverſitas rerum 

> tihmminm, to wit, that in deſcending, below 
terivhich nothing can fall; and therefore by 
tic E T2 the 


/ 
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the Rules laid down, for the Analogy of 
Things, the ab/olute or ſupreme In faite 
muſt Fe the other Limit, beyond which no- 
thing can riſe in aſcending, and between 
theſe two, all Sub/itences, Finite, Indefinite, 
and relative Infinite are concluded. Where- 
fore by Lemma 3. and os 9. as a mathe. 


matical Point, &c. . e. 


Corollary I. 


Hence abſolute Infinite can neither be 
encreas'd nor diminiſh'd. For ab/olute In. 
finite and abſolute Nothing being the Limit. 
of all Things whatſoever, ab/olute Infinite 
muſt be the greateſt of all Things, and 6 
cin neither be encreas'd nor diminiſhed, elſe 
it cou'd neither be the greateſt, nor the al- 
cending Limit. 


_ Corollary II. 


HEN CE ab/olute Infinite is One, and Judi. 
vidual. Becauſe being neither capable of En- 
creaſe nor Diminution, and being the aſcen- 
ding Limit, it muſt be one: And individu- 
al, becauſe there can be no other like it, it 
being the one aſcending Limit. 


Coror,, 


6 
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' Corollary III. 


Hence abſolute Infinitude is only compa- 
'W tible to the divine Nature, and to nothing 
elſe. He being the greateſt of all Beings, 
one, and individual, or the ſingle poſſible 
Being of the ſame Nature. nile 
Corollary IV. 
' Vniver ſal Space is the Image and Repre- 
"WW ſentation in Nature, of the divine Infinitude, 
for ſince by Prop. 9. the created Species of 
Things are Images of the increated, and by 
Prop. 10. univerſal Space is the greateſt Li- 
mit of the viſible Creation, or material H- 
ſtem of Things. Therefore #niver/al Space 
is the natural Image of the greateſt Limit 
of all Things, or of the univerſitas rerum 
omnium. That is, by Prop. 12. and the 


receeding Corollary, univerſal Space is the 
a natural Image of tho divine Infinitude. 
1 Corollary V. 


"ll Hxx cx wniverſal Space may be very aptly 
called the Sen ſorum Divinitatis, ſince it is 
; the Place wherein all natural Things, or the 
whole Syſtem of material and compounded 
Beings, are preſented to the divine Ommiſci- 


E 3 ence. 
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ence. Infinite Space is the Image of the 
divine Infinitude, wherein as in a Picture of 
him (in whom all Things. live, and move, 
and have their being)all created Things pre- 
ſent and manifeſt themſelves to the intuitive 
View of the /#preme Infinite, and therefore 
in the Analog y of Things, infinite Space is 
to the ſupreme Infinite; what a human 
Senſorium may be ſuppoſed to be to Men. 


Corollary VI. 


An abſolute infinite Creature is a Contra- 
diction, becauſe abſolute Infinite is one and 
individual, by Corollary 2. of this. 


S$cholium. 


OxE very remarkable Difference between 
Finite, relative and abſolute Infinite is this. 
Finite may ſtill be increas'd by it ſelf, and 
yet continues its finite Nature, till the 
Number of Additions be actually Infinite, 
Relative Infinite may be increaſed, not by 
Finite, but by zz /eff, and ſtill continues its 


Nature, after nfin:tely-infinite Additions Ice 
without Bounds or Limits: For let it beth 
ever ſo often increas'd by it ſelf, it continues. 
but relative Infinite. But abſolute Infinite ſuf 
can be increas d by nothing, not even byMth: 
it felt, elſe it cou'd not be the abſolute or 


great 


un | 
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greateſt Infinite. In natural Things Finite, 
and relative Infinite never riſe higher than 
the third Power. The Comets and Planets 
move in Orbits, that are Curves of the /#- 
cond Power. Projettiles move in parabo- 
lick Lines, which are of the fame Orger. 
The Curvature of the Surface of all the ce- 
leſtial Bodies are of the conzcal-ſettion-kind. 
The Surfaces of Fluids, rifing in great or 
ſmall Channels, are of the fame Rank. Na- 
ture admits but of three Dimenſions, and 1 
know of no natural Effect that riſes higher 
than the third Power. Even the 2rratzonal 
Curves that Nature forms, in condu ing 
Vid Bodies, and the Rays of Light (thro 
different refratting Medium) the ſhorteſt 
and eaſieſt Way: And in ſome other of her 

perations, ſuch as the Cyclazd, Conchoid, 
Catenaria, Velaria, Curva Elafticitatis, 
Logarithmica, the Spiral and the like, all of 
them are of the loweſt Rank of their Order: 
\nd their Natures imply only Portions of 
Curves, or of their Areas, of the conical. 
ef1on-kind, the loweſt Order of all Curves 
whatſoever. So true it is that Nature per- 
petually brings about her Purpoſes the For- 
teſt and ſimpleſt Way, and keeps conſtant to 
this beautiful Analog y of Things. But ſince 
Quantity may be ſtill increaſed, oo may be 
ſuppoſed to rife to higher Powers than o in 
the intellectual Species of Things, ſuch as 
hack - uf - | are 
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are, oo4. oof, oO. ov Now tho 
theſe Powers of oo ſuperior to oo 3, can 
have 'no Place in natural Things, or the 
material Sytem, yet are they the intellectu- 
al Species of created Things, and are in their 
reſpective Orders, Images, and Repreſents 
tions of their architypal Ideas, in the di- 
vine Mind, and Inſtances of the unexhauſ- 
tible Store of manifold Wiſdom in the di- 
vine Nature. And as infinite Extenſion is 
the Image in Nature of abſolute Infinite, ſo 
o >= is the Image of the fame abſolute 
Infinite, in the intellectual Species of Things 
And by the Analogy of Things, relative No- 
thing, and relative Infinite are the intellec. 
tual Images of abſolute Nothing, and abſ6- 
lute Infinite, ſo univerſally does this Anal.. 
C hold good. K 


Propoſition XIII. 


Abſolute Infinite, in the Analogy dl 
Things, is the preciſe and proper Oppoſite 
to abſolute Nothing. : 
 Demonſtrat. This is plain from Prop. 12. 
and its 5 Corollary, For ſince a mathe- 
matical Point is the preciſe and proper Op- 


polite to univerſal Space; and fince in the 
Analog y of Things, a mathematical Pom 
is to znfinzte Space, as abſolute Nothing is to 
#bſdlute Infintte : Therefore abſolute Infi- 

: nite 
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BB -#e is the preciſe and proper Oppoſite to 
i 42/0/ute Nothing. Beſides, abſolute Nothing 
and ab/olute Infinite, being the Limits of 
the *Univer/itas rerum omnium, in aſcend- 
. ing, of deſcending from created finite Beings, 
They muſt be preciſe and proper Oppoſites, 
having nothing common but their being 
Entia and Limits. qe. d. 


0 Corollary J. 


Sixcx abſolute Nothing, in its poſitive 
Idea, implies the utmoſt impoſſibility of, 
and the moſt extreme Contradiction to 
Neality or real Being, as it moſt certainly 
does, for it is not poſſible to conceive a 
greater Contradiction to, or Impoſſibility 
of Reality or real Being, than is imply'd in 
the poſitive Idea of abſolute Nothing or 
Non-entity, beyond which there is no fur- 
ther deſcending from Reality or Being. (It 
having no real Entity, tho* it may be 
claſs'd, as to its negative Conception, in 
the Category of Entia rationis,) Therefore 
12. by the Analog y of Things, abſolute Infinite 
he- muſt imply in its poſitive Idea, and that 
p- I neceſſarily, the utmoſt Poſſibility, and the 
the moſt extreme Neceſſity of Reality or real 
im Being 


afi- | | Corol- 


/ 


(except as Entia and Limits, which do not 


__exilt. 
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Corollary II. 


WHEREFORE ſince abſolute Nothing, in 
its poſitive 1dea, implies the utmoſt Contra- 
diction to real Being, ſince ab/0lute Infinite 
is the preciſe Oppoſite to ab/olute Nothing, 
fince alſo being Oppoſite in every Thing 


effect the Realities in abſolute Infinitude, as 
to its poſitive Idea) abſolute Infinitude mult 
poly in its poſitive Idea the utmoſt Ne- 
ceſſity of Reality, or real Being; therefore 
of Neceſſity the abſolute Infinite mult really 
Be, or the Being to which ab/otute Iufini. 
zude is only compatible, muſt neceſſarily 


Propoſition XIV. 


Finitude and Infinitude, when apply'd to 
natural and created Things, in their poſitive 
Ideas, imply not Realities, but the Mode: 
of Realitzes. 

Demonſtrat. Finitude, when apply'd to” 
natural or created Things, imports only ined 
it's poſitive Idea the Proportions of the iſe. 
veral Degrees of Afectious, or Properties Mtn 
of theſe Things to one another. Infinitude nd 
the unboundedneſs of theſe Degrees of Af. * 
fectious, or Properties, Finitude and Infint 
ud, 
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tude, in themſelves, abſtracted from a pro- 
per Subject or Subſtantive, are incomplete 
Ideas in natural or created Things. 1fi- 
nite Extenſion, Number, Duration, Wiſe 
dom, Knowledge, &c. are complete Ideas, 
hereof theſe Realities are the Subjects or 
ub ſtantiues, and the Infinitude, the Epi- 
het or Adjettive : Wherefore Finitude and 
nfinitude in natural or created Things, be- 
ng but Adjuntts to Realities, in their poſi- 
ive Ideas, do not imply Realities, but the 
ſades of Realities. q. e. d. | 


A Corollary J. 


HENCE the Modes of natural or created 
hings are Rea/ztzes, in the ſupreme or 
ſolute Infinite, or the Modes of natural 
vr created Things, when analogically eleva- 
to ed to the ſupreme, and ab/olute Infinite, are 
ven him not Modes, but the utmoſt Reali- 
ener. This is plain from the preceding Pro- 
tion, and the 24 Corollary of the 12. 
 tofEfinirude is but a Mode in natural or crea- 
in ed Things, but in the ſupreme or abſolute 
iſe-nite, it implies in its poſitive Idea the 
tie tmoſt Reality, to wit, neceſſary Exiſtence 
nd the ſame muſt of Neceſſity be true, 
all thoſe Attributes of the divine Na- 
Jure, which analogically derived down to 
ie Creatures, are in them but _— in 
1m 


* 
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him they are the utmoſt Realztzes ; becauſe 
i” they are all complicated and affected with, 
or (ſo to ſpeak) multiplied into abſolute In. 
finitude which realiſes thoſe Modes of Cres. 
tures, and 7ran/ubſtantiates them into poſi 
tive and real Qualities. So true is the me. 
taphyſical Axiom, quicquid in Deo, þſe 
Deus eff, I do not here contend that there 
may not be acceſſory Ideas in the divine In 
tellect, or that there may not arbitrari) 
ariſe in the divine Intellect Images of Be 
ings, whoſe Exiſtence is Fact, is not neceſſi 
ry. Since the Idea of a Creature cannd 
| be neceſſary to him, or elſe they would ne 
ceſſarily be. But even thoſe acceſſory or ar: 
bitrary Ideas, in the divine Imagination, by 
| being there, become of a quite different Na. 
| ture trom the like in Creatures, for by bein 
* there, they (by Virtue of his abſolute I 
nitude receive a Being infinitely ſuperiot 
to the like Ideas in created Beings, not ne 
ceſſarily, but with infinite Freedom and Li. 
berty. And thoſe Affections and Properties 
in Creatures, which in them are but Modes 
- when analogically carried up, to the like r 
ſimilar Aflections or Attributes in the diving! 
Nature, are in him the utmoſt Realztzes, $0 
being complicated with abſolute Injinitnda 
| and thereby transform'd or exalted intg' reac 
1 Quantities or actual Subliſtences, 2 


Corol 
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| Corollary II. | 


. Hence Power, . Subſiftence, Duration, 

Ml Knowledge, Wiſdom, Goodneſs, Beauty, &c. 
which in created intelligent Beings are the I- 
mages of Omnipotence, neceſſary E —_—_— 
Eternity, Omniſcience, the divine Sophia, 
Zen e infinite Perfection, &c. in the 
divine Nature: And are but Modes of Be- 
ing, and not eſſential Affections in theſe, are 
in him infinite Realities, and living active 
Principles. And he that wou'd reaſon ana- 
logically, from the Nature of theſe in crea- 
ted intelligent Beings, to the Nature of thoſe 
in the divine Eſſence, without having the 
utmoſt Regard to the ab/0/ute Infinitude, 
hich in a Manner quite changes the Na- 
ure of the former, and exalts them into 
different Category, wou'd be miſerabl 

iſtaken. For Inſtance, he that, becauſe 
he Duration of natural Things is ſucceſſive, 
ou'd conclude ſo of the divine Eternity: 
e that wou'd reaſon becauſe human Pow- 
r cannot give Being and Subſtance to that 
rhich had none, the divine Omnzporence 
ou'd not : He that wou'd infer, that be- 
auſe the Knowledge of rational created 
beings is Progreſſive, the divine Omni ſci- 
me were allo progreſſive, muſt be egre- 
ioully miſtaken : Becauſe in this Analog y 
aro! | he 


- 


the Picture of a Man wou'd analogicall 
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he does not take in the abſolute Injinitude 
which elevates and exalts the Duration, 
Power and Knowledge of created Things, 
into a Degree of Reality of which theſe are 
but the Images or Pictures. He that from 


' reaſon about human Nature, from the blen- 
ding and Poſition of ſome Colours on Can- 
vals, -wou'd reaſon to Life, and Knowledge: 
Or from the reflected Image of the Sun in 
Water, wou'd conclude of Light, and Heat, 
cou'd not err more groſly. 


Gcholium. 


IN intelligent compounded Beings: Thi 
Powers belonging to the Body are not only 
finite, but very low in the Order of Fi: 
nites. The ye perceives not diſtinctly 
very large nor ſmall Object. Too ſtrong 2 
Noiſe ſtuns the Ear, and one too weak does 
not act upon the Organ: Neither of them 
produces a diſtin& Hearing; and it is ſo in 
all the other Senſes. Thoſe Organs are ſo “ 
contriv'd, as to perceive beſt the ordinary. 
Effects of common Life, the Objects that NeW*! 
ceſſity of Subſiſtence do moſt readily pre 
ſent to us. Theſe they are fitted for, and In 
little elſe; they have a wonderful Facility 
in manifeſting theſe diſtinctly to our Minds, 


and have a juſt Proportion to the Object 
about 


bois + a £9 A. fa 
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about us, but ſeem not contriv'd nor de- 
ſign'd for Curioſity, or conveying much 
more Knowledge to us, than what the Con- 
veniencies of Life require: Elſe infinite Wiſ- 
dom and Power might have eaſily formed 
them ſo, as not to need thoſe Helps and Aſ- 
ſiſtances, which we are obliged to employ 
when we aim at any more particular Know- 
ledge of the intimate Natures of the Things 
about us, than Conveniency makes neceſſary 
or commodious. The Faculties belonging 
to the rational Soul are likewiſe finite, but 
of a higher Rank of Finites than thoſe 
Powers belonging to the Body. The Ima- 
gination can paint a larger Idea, than the 
Eyes can ſee, and the Memory lodge a greater 
Store of Images, than all the Senſes can pre- 
ſent at one Time: And the Underſtanding 
can combine and 12 theſe, and compare 
them many different Ways: But ſtill theſe 
Faculties are but finite in their Capacity. We 
can form no diſtinct Ideas of Millions of 
Millions, of a multiangular Figure, or any 
relative Infinite, ſmall or great: The Ima- 
gination ſeems not able to contain theſe; 
there is no room on it, for ſo large Pi- 
ctures. The Memory is the Repoſitory of the 
Images that have been framed on Phantaſy, 
and can go no further than 1t reaches; nay 
eldom or never contains more than a ſmall 
Part of thoſe. The Under ſtamding can work 
no 


_—_— 
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no further than theſe two afford Materials; 
its Works being to collate, combine, and 
garble, as it were, theſe Images and Idea. 
the Imagination and Memory preſent to it, 
All chefs are limited, as the Senſes are, tho 
not quite ſo ſtraightly, becauſe the Under. 
landing may varioully combine thoſe J. 
deas they have convey'd to the Imaginati. 
on and Memory, and ſo increaſe their Num- 
ber: And the Will having no ſubje& Mat- 
ter to proceed upon, but as it is prepared 
by chele prior Faculties, can go no further 
than thoſe allow it. The Underſtanding 
may diverſify theſe as far as their Con. 
binations will reach, and the Will may 
pick and chooſe af theſe, but ſince it 
cannot create Objects for it ſelf to work on, 
it muſt be limited to the Images and [gear 
on the Imagination and in the Memory. The 
Will I mean, as it is the Faculty belonging 
to the rational Sous. All theſe Faculties — 
to have been originally deſign'd for Nothing er 
but this material World, and the Syſtem of 
Things about us. They help us to nog 
Notion or Conception of any Sort of Being 
diſtinct from Matter, but in fo far as Aua. 
fog y will bear us out, and even as to the 
material World, they ſeem fitted for little 


ele, beſides the groſſer, more general and al, 
more neceſſary Knowledge of Things that" 
are required tor due Conveniency, Sub- 

ſiſtence P 
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ſiſtence, and. ſev / but ſome. of the groſſet 
Out-liner of the real Natures of Things. 
Every Thing that might violently entertain 
our Curioſity, or flatter our Vanity, as. to 
che Knowledge of the Nature of Things, 
WM ſeems to have been induſtriouſſy con d 
from us, and no Faculties to have been in- 


- 


dulged. us for theſe Purpoſes, leaſt they 
ſhou'd have withdrawn us too ſtrongly from 
Things of greater Moment to the End of our 
Being: Elſe infinite Wiſdom and Power had 
contriv'd them after a more perfect Manner, 
ith a larger Capacity, and a ſtronger Ener- 
gy. As to the Faculties of the ſupreme Spi- 
rit, (which is a third Part of intelligent 
ompounded Beings) they moſt certainly are 
nfinite in their Capacity and Energy, I 
ean they may be enlarged and increaſed 
ithout Bounds or Limits, which by Def. 
. is to be relatively infinite. Not only the 
{ts of theſe Faculties may be multiplied, 
perpetually, but the Capacity and Energy of 
heſe may be dilated and intended without 
Bounds: or Limits. The Perception, the 
Deſires, the Will, (the Faculties belonging 
o the ſupreme Spirit) are unlimited an 
doundleſs, fitted and deſign'd for infinite 
Vbjetts. Theſe indeed are the firſt, princi- 
at, and original Faculties, belonging to all 
ompounded intelligent Beings: By which 
hey are made capable of communicating 
PART II. F with 
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with the ſupreme Infinite. And next in or. 
der of Nature to the ſupreme Spirit, is the 
rationu Soul, whereby they are' enabled to 
communicate with the material World : And 
to the Faculties of this ſerondary Part of the 
CONS the Senſes of the Body are the 
Conduits, and C 4 „e, which make 
up the third and laſt Part of compound 
intelligent Beings: In the due Subordinat io 
the perfect Harmony, and tual Concord 
of theſe Three, with each other, the Per- 
fection of theſe Beings does conſiſt: In their 
Diſcord, Confuſion, and Rebellion one again 
the other, their Degeneracy, Corruption, and 
Fall. Tt can be no Difficulty to thoſe who 
are acquainted with the Analogy of Thing 
to conceive how theſe ſeveral Parts of com 
pounded intelligent Beings are contain 
without Confuſion or Contrariety in each 6 
ther; in their primitive and uncorruptel 
State: When they conſider, that in Water 
contain'd Air, in that Æther, in that Ligh 
and perhaps in this laſt, a more ſubtle and 
refin'd Spirit; and all theſe in perfect Har 
nh and Concord. But to conſider theſe 
ittle more particularly. The Perceprin 
as it belongs to the ſupreme Spirit, muſt d 
Neceſſity be a paſſive Principle, becauſe iſ 
cannot create its Objects, but receive tho 
A. to it: That it is infinite, is plai 
uſe its adequate Object is infinite, and the 


— 
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4 er Infinite It being beſtow'd on in- 
telligent Beings, in order to communicate 
Vith the elute Infinite. The Neceſſity 
| 9 P - 3 i 2 . 
of this third Part of the Compoſition of 
che mention'd Rank of intelligent Beings 
"WH {hall be afterwards demonſtrated; I proceed 


| I cone in 1 15 Nature of 
ſome others. of thęſe Faculties, belonging 

Vl to the rem Spirit. Om 

J, 30 W. f a | ' 
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UW Tis Defre is infinite in its Capacity, the 

u moſt cardinal,” moſt quick, and bh aud 


moſt active Faculty of the Mind or ſpiritual 
Part of compounded intelligent Being 

and the Will, and the Affeckions are but 
Modifications of it. anon ple 1 


Demonſtrat.'Tobe convinced of the Truth 
of this Propoſition, we need only reflect on 
he Source of all the Happlne or MIKE 
of intelligent Beings, and we ſhall find it 
ariſes from the Enjoyment or Difippoji 
ment of their Deſires. There is in all in- 
elligent Beings a reſtleſs Appetite or Deſire 
of Happineſs : From the Moment of their 
WBcing, through all the Ages of Eternity, all 
heir Labour, and Travel is for this Pur 
Wpoſe: Nor are they devoid of it, either im- 
Wncdiately,in the End, or mediately in the 
caxs, for one Lntanr of Thin, in all thel 

| ä end- 
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endleſs Duration. Now this is the neceſſa- 
ry Effect of the Faculty of Deſire, no Ob- 
ject leſs than Infinite can fatisfy it. For let it 
be ſuppoſed to have come to the Poſſeſſion 
of any Object leſs than Infinite, its plain, it 
can deſire yet a greater, and a greater, with- 
out Bounds or Limits; that is, it can de- 
fire an infinitely | 3-4 Object, that is, the 
Deſire it ſelf is infinite in its Capacity ; its 
Atts are inſtantaneous, and its Enjoyments 


or Diſappointments for a Time ſwallow up 


the As of all the other Faculties: And 
therefore it is the moſt quick and ſenſible; 
It ſets all the Powers of the whole Compo- 
ſition on Action, to obtain its Ends, and 
therefore it is the moſt active: And upon 
all theſe Accounts, the moſt cardinal Facul- 
ty of the Mind Chooſing or refuſing, that 
is willing, is but the Delire apply'd to a 
particular Object; the Afections are but the 
Complexions of the Deſire, as apply d to this 
particular Object: And therefore are both 
but Modifications of the Deſires, wherefore, 
Sc. q. e. d. 8 


"2 Scholiam. 


To apprehend how infinitely capacious, 
active, and ſenſible the Defire is, we need 
only imagine our ſelves, ſeparated from the 
Objects of Senſe, and the preſent — 

0 
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of Life, with all the Faculties of the Soul 
awake : And we ſhall then be able to con- 
jecture how ſtrong, active, reſtleſs, and un- 
ſatiable our Deſires wou'd be. So as to ſwal- 
low up and extinguiſh all the other As of 
the Faculties of the whole Compound. Thoſe 


only can moſt ſenſibly feel the Force of this 
Reaſoning, who-have in ſome Meaſure, and 


| for ſome Time been in this State, 

* 0 Corollary 5 | 

. Sixcx the Deſire is infinite in its Capaci- 
l 2h and may be dilated beyond any Halte 
d bject, how great ſoever, it is evident it 
n MW cannot. be over-fill'd, or ſuper-abundantl 
(o to ſpeak) ſatisfied with any Object le 
it than iafnite: Since alſo, the greateſt rela- 
a tive Infinite, cannot be aſſignable by Corol- 
ne WM /ary 1. Prop. 1. Therefore the Deſrre can- 


is not be adequally and over-filld with any 
th leſs Object than the ab/0/ute Infinite; it be- 
re, ing capable of being enlarged beyond the 
Dimenſions of any relative or creaturely Tnfi- 
nite aſſignable : And ſince by Corollary 6. 
Prop. 12. no Creature can be ab/olutely In- 
finite, therefore the Deſire can be perfectly 
us, and adequately fill'd and ſuper-abundantly ſa- 
ed tisfied, by nothing leſs than the /iapreme and 
the increated Infinite, 
ent F 3 Corol- 
of 


and ſatisfied with its 22 and adequate Ob. 
Jes, it muſt be in _ y; for ſince 
Nothing, by the preceedzng Corollary, but 
the abſolute and increated Infinite, can ade- 

uately fill, and ſuper-abundantly fatisfy it, 
The ſolute and increated Infinite muſt be 
its proper Object, and the Deſire infinite in 

it ſelf, fill'd and perfectly fatisfy'd with its 
proper Object, the ſupreme and increated In- 
Hide, muſt of Neceſſity be infinitely ha py 
Happineſs ariſing from the Congruity of the 
Object with the Faculty, and this /upreme 
and iucreated Infinite being the proper, 
and indeed the only proper Object, (ſince 
the ſupreme Infinite is one) it muſt alone be 
the congruous Object, and ſo tlie Faculty be- 
ing in vice, the Object infinite, and they 
infinitely. congruou to one another. The 
Deſire, in the Poſſeſſion or Enjoyment of 
— Object, muſt of Neceſſity be infinite 
Nappy | Gi | 
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Propoſition XVI. ti 


Ix regard of zntelligent Beings, every of 
Thing that is in the Unzverſitas rerum, may 

be tully comprehended under theſe three ge A 
ner? 


neral Heads, to wit, the Facaliy or Deſire, 
the Objef of this Faculty or 'Deſire, and 
the Senſation ariſing from the Congruity or 
Incongruity between theſe two. 

Demonſirat. All the diſtinct Subſiſtences 
that actually exiſt, are comprehended under 
theſe two general Heads, the ſupreme and 
abſolute Infinite, and the Creature, and theſe 
can be only Objects of the Faculty or De- 
ſire. The Faculty or Deſire being infinite, 
by the preceeding Propoſition, may contain 
or receive both theſe, and the Sen/aton ari- 
ſing from their Congruity or Incongrutty to 
the Faculty, muſt together with theſe two 
general Heads mention'd, comprehend every 
Thing in the Unzver/itas rerum in regard to 
any particular intelligent Being. For nothing 
can be imagin'd in the whole Extent of Be- 
ing, real or intellectual, that may not be re- 
duced to Faculty, Object, or Senſation ari- 


ling from theſe. Therefore, Gc. q. e. d. 
f Propoſition XVII. 
y 


An intelligent Being, compounded of a 
Body, Soul, and Spirit, with proper Rela- 
tions, and in Subordination to each other, 
is a real Epitome, Image, or Repreſentation 
of the Vui ver ſitas rorum omnium. 

Demonſtrat. This is ſo evident from the 
Aualogy of Things; that there can be no 

R F 4 Diffi- 
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Difficulty in it, to thoſe who will conſider, 
that the ſupreme Infinite cow'd have nothing 
more perfect than himſelf and his other 
Works, and his own perfect Adminiſtration 
and Government of theſe; to form this com- 
pounded Being upon. He muſt be conſiſtent 
with himſelf, and his compounded Works, in 
their component Parts, muſt reſemble in the 
leſſer Compoſitions, the ſimilar Parts of the 
Greater. This intelligent compounded Be. 
ing, being to have a material Part, what 
can it have more worthy of the Work o 
infinite Perfection, than his rower Syſten 
of material Beings to reſemble ? His Soul 


or rational Part can reſemble nothing more 


worthy of Him, than the other higher Or: 
ders of created Spirits: And his /upremt 


Spirit or Mind, will bear its beſt Reſem- 


blance, when it repreſents the ſupreme In. 


ite. His Adminiſtration and Government 


of the whole Sy/fem of created Beings, can 
be repreſented by nothing ſo aptly, as the 
Relations and Subordination of theſe to each 
other, and to the reſt of intelligent Beings, 
which theſe cou'd only be formed upon, In 
a Word, it is impoſſible that any Idea of a 
compounded intelligent Being, made up of 
ſeveral Parts, each /imilar to ſome greater 
Part of the Vnzver/itas rerum, already ex- 
iſtent, cou'd enter to the divine Mind, 
which cou'd be more pertect and more we 

thy 
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thy of Him, than this, that each interior 
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Part ſhou'd be an Epitome and Reſemblance 
of his Works already made, and the higheſt 
Part of Himſelf, and that their Relations 
and Subordination ſhou'd reſemble his Ad- 
miniſtration of the whole. I fay it is im- 
poſſible it ſhou'd be otherwiſe, to preſerve 
his Conſiſtency with himſelf, and to carry 
on this Analog y, through every individual 
Part of his Works, through the whole 
Scale of Beings, as it moſt certainly is car- 
ried. And this is not a meer metaphori- 
cal Picture, and Reſemblance, but the real 
and phyſical Nature of compounded intelli- 
gent Beings, Wherefore, Oc. q. e. d. 


Corollary 1. 


From this Foundation, by a proper Ana- 
hog y, with the due Limitations ; all the Re- 
lations and moral Duties, of intelligent com- 
pounded . to the ſupreme Infinite, to 
ſimilar intelligent Beings, and to themſelves, 
may be eaſily deduced; for Inſtance, do we 
reſemble the ſupreme Infinite, in our ſupreme 
Spirit: Then as he is the firſt in Order of 

emgs, ſo is this Part of our Compoſition, 
the firſt and moſt principal, in our Order 
of Parts. All the reſt muſt be ſubſervient and 
ſubordinate in us, to this, as the reſt of the 
ſeveral Ranks of Beings are to him: This 

we 
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we are chiefly and mainly to cultivate by 
fitting it up for him, for whom it was origi- 
ally delign'd and beftow'd upon us. Here, 
we muſt aſpire after Him, and open our 
Deſires for Him, by a Love worthy of Him, 
ſuperior infinitely to all our other Loves 
and Deſires: On this Part and its Faculties, 
our greateſt, our chiet, nay, and our only 
Labour is to be beſtow'd; that it may be 
expanded, dilated, and elevated to its pro- 
per Rank in the Order of our Parts; that 
the due Snbordination may be reſtored; 
which done, all the other Parts will per- 
form their proper Functious, in Harmony 
| and Concord. In regard to other intelligen 
| Beings, we are to conſider them as like J. 
mages of Him and his Works; and follow W., 
| them with a Benevolence proper to ſuch J. Wh. 
mages, to imitate his Conduct of Love and m 
Forbearance, to all his Creatures. But this th 
only by the by. re 


Corollary II. 


Hence, in a proper Analogy, the Nature 
of the ſpiritual and material Parts of com 
2 intelligent Beings and of the Oniοι pa 
between theſe, as far as they may be known N evi 
by mere human Reaſon, is to he deduced. u 
Compounded intelligent Beings are Zpztome! ing 
or Images of the Univerſitas rerum. * tua 

, tnel F 
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their Bodies they reſemble the material Sy- 
flem of Things, in their ritual Parts 
they reſemble the ſpiritual World, the Uni- 
on of theſe two is a Reſemblance of (or is 
maintain'd and preſerv'd after) the Manner, 
the ſupreme Being governs the material 
Syſtem of Things: Who being intimately 
preſent with every individual Atom of Mat- 
ter, = more emmently acts from his ſu 
rior Throne of Glory, having the whole H- 
ſtem of Creatures in one View preſented to 
him, in the univer ſal Space, his ſpecial Sen- 
ſorium. By this Principle, as a Key, the 
WH whole Philaſophy of human Nature, of the 
animal, rational, and divine Life, of the Paſ- 
' Wſions and Affections of the Soul, and even 
of the Organi ſin of the Body, ſo far as it 
i juſt and genuine, and given to mere hu- 
man Reaſon to know, is to be unlockt, and 
that not metaphiſicaliy but phiſically and in 
reality. But who is ſufficient for the detail 
of theſe Things? 


Corollary III 


Hence, the Immortality of the ſpiritual 
Part, of intelligent compounded Beings, is 
evidently to be deduced. For ſince the ſpi- 
ritual Part, of intelligent compounded Be- 
ings, is an Epitome and Image of the ſpiri- 
tuat World ; and the ſupreme Spirit, (that 

hes Part 
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on from an Image of the divine nnn 
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Part which God originally breath d into 
Man) is an Epitome and Repre ſentation of 
the abſolute Infinite; ſince by Corollary 1, 
Prop. 13. he neceſlarily exiſts, therefore the 
Soul, or piritual Part (whereof this ſupreme 
Spirit is the Fund or intimate Subſtance) 
muſt exiſt for ever. Not neceſſarily, | for 
that Concluſion wou'd drop the proper Li 
mitation in the Analog y, ariling — ab b. 
lute Inſinitude But, as being Images d 
him, who exiſts zeceſarily, and having their 
Being from him. Their Immortality is in 
deed an active, living Principle, not of ne 
ceſſary, (but deriv'd) Exiſtence. They an 
immortal, as having repreſented on them il 


his communicable Perfections; of which tt 
perpetual Exiſtence is one, tho" nece ary By 41 
re 


iſtence be not; that being contrary to 
tion, or deriving a Being from another. 


Immortality in Creatures is nothing but pe 
petuity of Exiſtence, and if Exiſtence at al 

be communicable to Creatures, perperud 
Exiſtence muſt be communicable : For Ei 
ſtence, being an acłive, living Principle, will | 
of it ſelf continue Being for ever, unleſs Ming 
be deſtroyed : Which is impoſſible, boti 
from the Immutability of God, and the Nap: 
ture of his own Immortality, of which thiWnits 
is an Image, or Reſemblance. The Immo fil, 


tality of ſpiritual Creatures, is an Emanati 
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ble Immortality. And muſt reſemble every 
Thing in it, but Neceſſi 2 that being a Con- 
tradition to its being derib d. But in eve- 
other Circumſtance it perfectly reſembles 
the Immortality of the ſuperior Infinite, (as 
far as. creaturely Properties can reſemble di- 
vine Attributes) and ſo cannot poſſibly be 
deſtroyed : And this is the true Source of 
the Immortality of all Creatures. It is true, 
this Demonſtration equally concludes the Im- 
mortality of all his other Works, ſince they 
are equally his Images, in a higher or lower 
Degree of Perfection: And without all doubt 
it muſt be ſo, for the Gifts and calling of 
Cod are without Repentance. And this is 
the genuine, and as the Schools call it, the 
apogerttick Demonſtration of the Immortali- 
ty. of all the Works of God, under ſome 
Form or another; it is from their being his 
Images that their Immortality ſprings. 


Cor ollary IV. 


Ix the MC y of Things, the Deſire be- 
ing the cardinal Faculty of the Soul, and 


Wfinite in its Capacity, is as the infinite 


Hace, to the divine Plenitude Which inti- 


aite Space, nothing created can adequately 


fill, but the divine Pleuitude. And in this 


Niew, the infinite Capacity of the Deſire 
ic\aÞnay be conſidered as a boundleſs Void, made 


to 
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to receive ſome fleeting, limited Parts or 
Syſtems of Matter, acting by eſtabliſhed 
Laws, and in comely Order, upon one ano- 
ther for a while, bur can never be perfect 
fill d, or adequately replenifh'd, but by the 
ſupreme Infinite : Who is preſent with, and 
repleniſhes every Point of the great and 
antverſat Void of Nature. 45 


Scholium T. 


| 

As in regard to intelligent Beings, the M* 
Univerſitas rerum omnium, is tally compre- M5 
hended under theſe three general Heads; the 
Faculty or Deſire, the Otject, and the Seu 
ſation ariſing from the Congruity or Incon- 
gruity between theſe, So the ſame Anal) 


with proper Limitations is preſeryed in te 
material Sytem of Things. For anfwerabk lo 
to theſe, we have in the material World MP 


| Gravitation, which wonderfully analogi/es 

= - to the Faculty or Deſire in the /pirztuu 

| World, and this to that ; both being the T 
active, cardinal, and energetick Principle 
of either Sy/tems reſpectively. Next we H 
have a Maſs of extended ſenſible Matter, it 
collectively conſidered, or Syſkems of mate 
rial Bodies, diverlly figured and ſituated in 
regard to one another, if ſeparately conſider-· . 
ed : And in both theſe Views, they admira- MIt. 


bly repreſent the Subject or Object of theſe"! 
| De. Tull 


Deſire, which is rhe by Artraction 

or Gravitation.” And laſtly, we have the 

har monious, romely, and decent Motions, 
and Actions of one Body upon another, ari- 
ing from the Attraction or Gravitation's be- 
ing impreſs d on the Maſs, and each parti- 
cular Body; and this too anfwers wonder- 
fully to the.7hird Principle in the Univerſe- 
tas rerum. And this Analogy deſcends even 
to particular Bodies, for in theſe we have 
the Form, the ſubject Matter, and the Con- 
gruity between theſe. "OY | 


Srcbolium II. 


a 


 FxoM the whole proceeding Chain of in- 

tellectual Truths, we may form to our ſelves 
ſome faint low, and imperfett Image or Re- 
preſentation of the EVER-BLESSED TRI- 
NITY IN UNIT X. For ſince by Corollary 
1. Prop. 14. the Modes of natural or created 
Things, when analogically elevated to their 
ſimilar Attributes in the /upreme Infinite, in 
Him, are infinite Realities. Since, by the 
ame Propoſition, an intelligent Being 1s, as 
o its ſpiritual Part, an Emanation from, an 
mage and Repreſentation of, the ſupreme 
Infinite And ſince alſo, in regard to theſe 
Intelligent compounded Beings, all that is 
n the Univerſtes rerum omnium, may be 

ily comprehended under theſe three ar 
eads 
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Heads or Pr inciples. The Deſir E, the Object, 
and the Sen ſation ariſing from the Congruity 
or Incongruity between the Faculty and the 
Object. Since laſtly, this Analog y is pre- 
ſery'd full and clear, through the /pirztual 
and material Worlds, and each particular 
Body, that is, through the whole Syſlen 
of Creatures : It is highly enable, ſo con- 
ſtant and univerſal an Anal 


gy can ariſe from 
nothing, but from its Patern.and Architype 
in the divine Nature: And without all per. 
adventure, cou'd we fully and clearly carry 
it up to its Source; we ſhou'd there find 
the Origin and Source of this HOLY TER 
NARY ; or of theſe three eſſential Relati- 
ons, of the whole, to the whole in the com- 
letion of the GODHEAD. Let us there 
fore try, in ſome poor low Manner, tocar- 
ry up this , as high as poſſible we 
can. The firſt Thing then that we are to 
conſider in the divine Nature is, the De/re, 
now this being ſuppoſed, to belong to a 
ſupremely infinite intelligent Being, muſt be 
an 4 1 active, ardent, ſtrong, and 
powerful Thought. And that, not as crea- of 
ted, or relative Infinitude expreſſes it, but; 
as the abſolute and /upreme Ifta ele · Mis 
vates this Deſire. Now then this ſupreme- 
1 infinite Deſre, this active and ar denn 
hirſt after Happineſs, or after a full, ple 
- nary, and compleat, beautifying Object, we 
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ſhall ſuppoſe to repreſent the FATHER, the 
original and - firſt Principle in the divine 
Nature: Seeing then, there is no Confidera- 
tion here of any Thing but of God himſelf, 
nor is it poſſible for any other Object, but 
God himſelf to ſatisfy, and adequately to fill 
DAE Ee infinite Ardor, Thirſt, and 
Deſire of Happineſs, Therefore He him- 
ſelt, reflected in upon Himſelf, viewing and 
contemplating his «wx infinite Perfections: 
The infinite ardent Deſire, fill'd and fatis- 
| 8 with his own eſſential Happineſs : The 
rightneſt of his Glory, and the expreſs. 1- 

mage (the eſſential Idea) of his Subſtance, 
reflected in upon Himſelf Or God himſelf 
reduplicatively contem Fele himſelf, (he 
having nothing elſe poſſible, to be the Ob- 
ject of his Love, Delight, or Deſire) repre- 
ſents to us the begotten Deity, the SON, 
the ſecond divine Principle in the Order of 
the Godhead. Upon this Reflection, Contem- 
ation, and Poſſeſſion of God himſelf, in 
himſelf there muſt of Neceſſity ariſe a Foy, 
Happmeſs, Acquieſtence, and Satisfaction 
of God himſelf within himſelf, ſo much the 
more perfect, full, extreme, and infinite, as 
his Deſire, Thirſt, and Ardor after Happi- 
eſs was active and ſlrong. And this may 

Ihadow out to us the third and laſt in Order 
of theſe eſſential Principles in this myſtert- 
us Ternary, to wit, the HOLY GHOST. 
av Parr II. G And 
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And tho? theſe three Relations of the God. 
head in it ſelf, in regard to Creatures, and 
when deriv'd down analogicaliy to natural 
Things, may appear but Modifications of a 
real Subſiſtence, Fee in regard to the divine 
Nature, and conſidering his ſupreme. Infini. 
tude, tliey muſt be eſſential and infinitely 
real and living Principles and in this J. 
mage, and View of the HOLY AND UN. 
DIVIDED TRINITY, low and poor as it 
is; it is impoſſible the SON ſhou'd be with- 
out the FATHER, or the FATHER with. 
out the SON, or both without the HOLY 
GHOST. It is impoſſible, the SON ſhout 
not neceſſarily and eternally be begotten of 
the FATHER, or that the HOLY GHOST 
ſhou'd not neceſſarily and eternally proceed 
from both ; He neceſlarily ariſing from the 
Senſation of the infinite Agreement and 
Congruity of the Object with the Dejire. 
And tho” the Idea, Image, or Repreſentation, 
that God makes of himſelf to himſelf, be 
the ſame God in Eſſence, ſince it is a mol 
_— expreſs, and ſubſtantial Image, oi 
epreſentation of the whole divine Sub- 
ſtance and Nature, and zecefſarily has in it 


the whole, that is in God, and with thi; 


ſame infinite Perfections, that is really in 
the Godhead, being only the Divinity, re 
flected in upon it e,. Yet there is a Diffe- 
' rence, between the Idea, Image, and Re 


preſen- 
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reſentation, and the original Divinity. For 
—— Perfections lch are in the origi- 
nal and contemplating Divinity directiy, are 
but indireciiy, and by Reflection in the con- 
templated and begotten Deity; and they dif- 
fer by the Relations of begetting, contem- 
plating, and repreſenting ; and being begot- 
ten, contemplated, and repreſented : And 
tho' theſe be only mere Relations, and Mo- 
dfications; when transfer'd to natural and 
reated Things, yet are they infinite Reali- 
es in the Deity. It is the fame with the 
enſation of ; A Joy, Acquieſcence, and 
appineſs, that ariſes in the divine Nature, 
rom contemplating and poſſeſſing himſelf and 
is own infinite Perfections within himſelf. 
ind theſe three Relations of contemplating, 
ing contemplated, and of Acquieſcence ariſing 
rom them: Which in a natural View, wou'd 
niy be Modifications; yet in the divine 
ature, are infinite Realities and eſſential 
nd living Principles: And may ſerve as a 
aint and imperfect Image of THIS ADORA- 
LE AND UNSEARCHABLE MYSTE- 
V. Now tho? theſe Views and Repreſentati- 
ns of this INEFFABLE AND INCOM- 
REHENSIBLE MYSTER Yariſe zaturaliy 
und neceſſarily from the Analog y of Things, 
I Þficiently eſtabliſhed in the preceding Pro- 
"W-/::075 ; and without all doubt, have ſome 


Truth in them; ſince it is certain, theſe 
G 2 Re- 
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Relations and Modifications of Subſiſtence 
are really in intelligent Beings, in the mate. 
rial Syſtem of Things, and in particular 
Bodies: And cou'd have no other Ri/e and 
Source, but from their Patern and Archityp 
in the divine Nature. Yet when apply'd to 
the pon Infinite, theſe Relations and 
Diſtinctions muſt be expreſs'd in Words 
that have a quite different Senſe affix*d tc 
them, by common Uſe, from what they 
ſhou'd here import And ſince the Atir. 
butes and Relations of the ſupreme Infinity, 
muſt be mmcomprehenſible to finite Cre 
tures, eſpecially to Creatures, converlant 
only about low, groſs, and material Imager; 
all I wou'd be underſtood to conclude trom 
this Analog y, thus raiſed to the ſupreme Ii 
fintte is, that Reaſon may form an analogical 
imperfect Image (and that's all it can do) d 
this INCONCEIVABLE MYSTERY, 
which may in ſome Meaſure help thok 
(who have not attain'd to a more perfed 
Guide or higher Lights) to believe the pol 
tive Relations of his own Nature, by Gui 
himſelf, tho' they be not able perfectly t 
comprehend or exprelſs- them. And if thi 
poor Repreſentation of ſo PROFOUND : 
MYSTERY, ſo certaznly and FULLY re 
veaPd in holy Mrit, can, by the divine Ble 


| ſing, any wile contribute to ſettle and qui” 
ſober and honeſt Minds, I ſhall have oe ful” 
3 nten 
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Intention. Nothing leſs than Omniporence, 
and Omni ſc ience, being ſufficient to deal with 
thoſe WhO are otherwiſe diſpoſed. © ._ © 


Propoſition XVIII. 


TuERE muſt of Neceſlity be ſome Prin- 
ciple of Action in intelligent Beings, analo- 
gous to that of Attraction in the material 
Syſtem, and that is, the Principle of Reunion 
with the ſupreme Infinite, by him originally 
impreſs d on their /#preme Spirit. 

Demonſtrat. That there muſt be ſome 
Principle of Action impreſs'd on intelligent 
Beings, 2 to that of Attraction in 
the material Sy/fem, is evident from the A. 
nalogy of Things, the Confiftency of the 
Works of the 5 Infinite with them- 
ſelves, the Uniformity conſpicuous in all the 
Creatures, and that the Material are but J- 
mages and Repreſentations according to their 
reſpective Natures of the ſupreme Infinite, 
as well as of the intelligent Sy/fem of Beings. 
There muſt therefore ſome great Principle 
y of Uniformity run thro* both Sy//ems, that 

is, the whole Creation. Now that Attrac- 
ion, or ſomething analogous thereto, is the 
great Principle of Activity in the material 
Sy/tem, has been ſufficiently demonſtrated in 
wie former Part of this Treatiſe. There 
ful muſt of Neceſſity therefore be ſome reat 
ten G 3 3 
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Principle analogons to this, in the. Stem of 


intelligent Beings. And that this can be no- 
thing, but that great Principle of Reunion, 


with the Author of their Being, originally 


impreſs'd on every intelligent Creature, 15 
evident from hence, to wit, that the ſupreme 
infinite Being, infinitely powerful and per- 
fect, muſt neceſſarily ſubject, draw, and unite 
all intelligent Beings to himſelf, to make 


them as nappy as their reſpective Nature 


can admit. That himſelf is the /o/e Obe 
of their Happineſs cannot be doubted; 
there may be collateral and acceſſory Object 
of their Happineſs, but even theſe muſt 
flow from him : Bur that he is the ſupreme 
Object, and the ſingle one that can adequate. 
iy ſatisfy them, has been ſhewn betore: 
That therefore, to bring them to this Hap- 
pineſs, he muſt impreſs upon, or derive to 
them a Principle of Reunion with himſelf, 
is plain, becauſe this is the ſingle Mean, to 
bring them to this End; for the known 
Law of Nature obtains even here, and eve- 
ry where, to wit, that Action aud Reattion 
zs mutual, ſo that if the ſupreme Infinite 
muſt draw them to him in . Order -to make 
them happy, they muſt have a Principle of 
being drawn towards him. That it muſt 
be a radical and eſſential Principle, is evi- 
dent alſo, becauſe this Happineſs is the very 
End of their Creation, it being impoſlible in- 

| \ Hnite 


CE 


finite Perfection ſhou'd make intelligent Be- 
ings, for any leſs or any other End. Where- 
fore the ſupreme Infinite cou'd not make in- 
telligent Creatures, without «planting in 
their Natures, a moſt ardent Deſire, an ef- 
ſential Principle, interwoven in the Sub- 
{tance of the ſpiritual Natures, of being re- 
united with himſelf, in order to make them 
as happy as their relative Natures. will 
admit of. Beſides, intelligent Beings (as to 
their ſpiritual Part) are Images of the ſu- 
preme Infimte by Prop. 1 5. In him there is 
an infinite 1 and Ardor of poſſeſſing 
and enjoying himſelf, and his own infinite 
Perfections, in order to render him happy; 
he himſelf. is the ſole Oꝭject of his own, and 
of the Felicity of all his Creatures. There 
muſt therefore be an Image of this his infi- 
nite Deſire after Happineſs in all his intelli- 
gent Creatures; and this Image can be no- 
thing but this Principle of Reunion, ſince 
nothing but this can unite them with him, 
to make them happy. Laſtly, an intelligent 
Being, coming out of the Hands of — — 
Perfection, with an Averſion, or even In- 
differency, to be re- united with its Author, 
the Source of its utmoſt Felicicy, is ſuch a 
Shock, and Deformity in the beautiful Aua- 
log y of Things, ſuch a Breach and Gap in 
the harmonious Oniformity, obſervable in 
all the Works of the Almighty, and that 

G 4 too, 
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too, in the nobleſt and higheſt Part of his 
Works; as is not conſiſtent with finite Wi. 
dom and Perfection, much leſs with the /a- 
| 4 i znfinite Wiſdom of the ALL-PER- 
FECT. Wherefore, Sc. q. e. d. 


Coroflary I. 


HEN CE we may diſcover the Source of 
natural Conſcience, and of all thoſe Motions 
and Convulſions, that are raiſed in the 
Breaſts of compounded intelligent Beings, 
upon the Commiſſion and Omrſſion of certain 
Actions: Of that Comfort, Foy, and Support 
in ſome; and of that Defection, Dread, 
and Terror on the Minds of others ; where 
no natural Cauſes can be aſſign'd. Hence 
the noble and ſublime Diſcoveries of the anti- 
ent Heathen Philoſophers, in the Principles 
of moral Virtues, without the Aſſiſtance of 
Revelation. Hence it is, that Scelerats can 
by no Arts, nor any Amuſements how vio- 
lent ſoever, ſtifle the Cries of a wounded 
Conſcience; and hence alſo, it is, that honeſt 
and upright Minds are ſometimes ſwallow'd 
up by a Tranquility and Peace that ſurpaſſes 
natural Underſtanding, That this Prenci- 
ple of Reunion is defaced, buried, and in 
{ome Meaſure as it were obliterated by con- 
trary Attractions, by Senfuality,and the vio- 
lent Amuſements of Licentiouſneſs in com- 

| pounded 


pounded intelligent Beings, is no more an 
Argument againſt its eſſentialiy belonging to 
intelligent Beings, than the Ideoti ſin of ſome 


is an Argument againſt the Principle of Rea- 
ſon in human Nature. Bur, 


Corollary II. 


FxoM this Primciple's being ſo radical 
implanted in all the Individuals of intelli- 
gent Beings, and from the ſo very few In- 
ſtances and Remains of it, conſpicuous in 
the human Race ; we may gather the infi- 
nite and univerſal Degeneracy and Corrup- 
tion of this Set of intelligent Beings, from 
their primitive and original Inſtitution. 
This Principle was moſt certainly implanted 
in their Creation, in the very Fund and 
Subſtance of their Natures, and yet there 
remains but few Footſteps, and Ege of 
its Being or £ffefs. There are indeed (as 
in the greater World) ſome /egible Charac- 
Pers, y Out-lines, and prominent Line- 
mente of its original Beauty, ſome magni- 
cent Ruins, which ſhew what it had been, 
nough to demonſtrate the original Impre/- 
n, Beauty, and real Being, of ſuch a 
Principle, in all the Individuals of this 
Race, as is evident from the Pangs and Tor- 
wes of natural Conſtience, when it is coun- 
er- acted. But the little Effect it has, from 

| what 
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what it was deſign'd to have, is an evident 
Demonſtration of the deep and univerfal 
Corruption of this Set of intelligent Beings. 


© Corollary In. 


Hence we may farther diſcover the 
Force, Truth, and Univerſality of this 
wonderful Analogy of Things; whatever 
we diſcover of the Works of Nature, is 
from this Source, and whenever we get the 
leaſt glymp/e into the Manner of the divine 
Operating, we diſcover - freſh Inſtances of 
this Analogy. This Principle of Reunion 
in intelligent Beings; wonderfully analogiſe. 
with that of Girvan in the material 
World : As to the ſupreme Infinite, it may lf © 
be very properly called his Attraction of i © 
them, and as to them, their central Tenden- 
cy or Gravitation (ſo to ſpeak) toward him; 
and this Principle of Reunion, if attended 
to, duly cultivated, and expanded, would 
as certainly bring about the temporal and 
eternal Happineſs of all intelligent Beings 
in the /piritual World; as that of Attratit 
on brings about the comely and harmonioii 
Motions of the great Bodies of the materi 
al World. This Principle of Reunion 
the original Source and Spring of the Dt 
_ fre, atore-demonſtrated to be the cardins 

Faculty of the ſpiritual Part of intelligen 
Beings 
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Beings. The Principle of Reunion is the 
Root and Foundation of the Deſire, in re- 
gard to its firſt Cauſe and original Impreſſi- 
on by the ſupreme Infinite. This Priuci- 
ple of Reunion, as it is conſidered, as an in- 
finitely active, quick, and ſenſible Faculty, 
in the ſpiritual Part of compounded intelli- 
gent Beings, is the Deſire of Happineſs; 
as it is conſidered as a theohogrcat Virtue; it 
is Charity; and as it is conſidered as a Rule 
of Action, it is natural Conſcience. But 
the Principle of Reunion, in its whole Ex- 
tent, as it was originally impreſs'd upon, 
and quite interwoven with the intimate 
Fund and Subſtance of the ſpiritual Part 
of compounded intelligent Beings, is the 
Source, Origin, and Root of all theſe. 


Corollary V 


Hx Nc, the true and genuine Nature of 
moral Good and Evil, and of all the moral 
Virtues, and ſocial Duties of Life, as from 
their genuine Fountain and Source, is to be 
derived. Whatever retards, or oppoſes this 
Reunion in intelligent Beings, is to them 
moral Evil, whatever promotes or advances 
this Reunion, is to them moral Good. Be- 
ſides, this Principle of Reunion duly culti- 
vated, regularly unfolded, and carefully at- 
tended to, muſt neceſſarily produce an = 
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fe& in the Soul ani ver ſal Charity; that is, 
the Love of the ſupreme Being, and of al 
his Images in a due Subordination; and 
thereby inſtruct, and beget in the Soul, all 
the moral Virtues and ſocia Duties of Life. 
All theſe being virtually and neceflarily 
included in Charity. But to explain this 
Matter (which is of the utmoſt Conſe 
quence towards a right Apprehenſion of /6- 
lid Religion) a little farther, I ay _ 


[ Propoſition XIX. 


Charity, or the Love of the ſupreme Hi. 
ing, and of all his Images in a proper Sub- 
ordination, according to their Rank in the 
Scale of Subſiſtences, is the neceſſary Effed 
of this Principle of Reunion, when fully 
expanded and {ct at freedom. n 
Demonſtrat. By Corollary 4. Prop. 11M 8 
nothing but the /ipreme and ab/0lute In- a: 
nite can adequately fill and ſuperabundant-WMM di 
ly ſatisfy the itte Defires of intelligent MF &. 
Beings ; the Deſire in intelligent Being 5M 9. 
their Love, for no intelligent Being can de- 
fire any Thing in Order to make it happy, but 
what it loves; or can /ove any Thing, but 
what it deſires to enjoy, (Indiſfereuce bel 
ing the middle State, and Averſion the e pr, 
qual Oppoſite, both to Love and Deſre.) pre 


So that an infinite Deſire of the Ae nui 
all 


— 
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and abſolute Infinite, is an ardent Love of 
that Being. But the Principle of Reunion, 
expanded, ſet at freedom, and arrived at 
its ultimate Eud and Center, is intirely 
the ſame with the infinite Deſire in intelli- 
gent Creatures, poſſeſsd of its ſole and pro- 
per Object, the /apreme and abſolute Infi- 
une. Conſequently the Principle of Re- 
union, expanded, and ſet at freedom, in 
order to arrive at this #/tzmate End and 
Center, muſt neceſſarily beget in the Spirits 
of intelligent Creatures, this infinite Deſire 
of the ſole and proper Object; that is, an 
ifnite Love of the ſupreme Being And 
by neceſſary Conſequence, a Love of all his 
Images in Proportion to their Reſemblance 
of him; that is, the Principle of Reunion 
when expanded, and ſet at freedom, muſt 
neceſſarily beget in the Spirits of intelli- 
gent Beings, a Love of the ſupreme Being, 
and of all his Images in a proper Subor- 
dination, according to their Rank in the 
Scale of Subſiſtences, that is Charzy. 
g. e. ed. | 


Corollary I. 


HEN CE, Charity, or the Love of the ſu- 
preme Being, and of all his Images in a 
proper Subordination, in its true and ge- 
nuine Nature, is not founded on Iutereſt, 4 

2 | the 
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the Views of Rewards and Puniſhments; 
but altogether on the abſracted Perfection, 
of its Object, the ſupreme Inſinite. Chart 
ty in its Origin, and as it ought to be, ac- 
cording to the true Analogy of Things, is a 
phyſical and neceilary Conſequence of the 
Prenciple of Reunion: It flows naturally 
from an zmplanted Faculty, and has for its 
Object the ſupreme Infinite, in his own in- 
dependent and eſſential Nature, as he is ab- 
ſolutely good and perfect, without any col. 
lateral Views or Regards. Charity is in a 
higher Degree, and in a more noble Crea- 
ture (one, to wit, endowed with freedom 
and liberty of acting) what Motion, proce- 
N vo the Principle of Gravitation, is 
in Brute- matter, or what the Tendency of 
the Planets is towards the Sun, ViS. a na- 
tural Conſequence of an implanted Princt- 
ple. This is ſo clear and fo certain in true 
Philoſophy, that it is Matter of Aſtoniſh- 
ment to me, how it came once to be doubt- 
ed, much leſs diſputed. Henry Moor's 
Argument on this Head is as cogent and 
juit, as any Demonſtration in Euclid or 
Apollonius. As the Object of the Intel- 
© left (ſays be) is that which is ſimply 
© true, and is aſſented to as ſuch, and not 
as true to this particular Intelleff which 
* contemplates it, ſo there is an Object that 


* zs ſimply Good and Lovely, and to be * 
| 2 | * E 


« ed as ſuch, without regard to the Party 
« that thus loves it. And in another Place, 
he uſes the familiar Illuſtration of Ginger- 
Bread and Mathematicks, wherein he grants 
the former may be a Spur. to. the latter, 
till Age and good Senfe, with the Know- 
ledge of the intrinſic Beauty and Worth of 
the latter, makes,the Student in love with 
the Study it ſelf, without any Conſideration 
of the childiſh Bait. As in natural Love, 
Perſons become often enamouted of owt- 
ward Beauty, without any particular 
Knowledge of its Poſſeſſor, of its attaina- 
bleneſs by them; ſo without all peradyen- 
ture, infinite Perfection, for its own thtrin- 
fic Pulchritude, maſt be the proper Obſed 
of divine Charity, without any- N 
regard to the Party loving it. Not that 
Intereſt, or a View to Rewards and Pu- 
niſhments, is not often the only Motive of 
divine Love : And always is a very proper 
and Jaudable one, when infinite Perfection 
is the Object. And in reality, it is as high 
as moſt of the /ap/ed Race of Adam, in their 
degenerate State, can riſe to. Biit as Things 
L ere in their original Natures, were in their 
A„litegral, and muſt be in their reintegrated 
ot State. Infinite Beauty, or Perfection, witli- 
cout any regard to Setf-Intereſt, or any View 
to Rewards or Puniſhments, is, as, and 

N muſt 
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muſſt be, the proper and fole Object of pur 
and perfect divine Love or Charity. 


Corollary II. 


Hxxcx the Service, Worſhip, and Homag, 
we owe to the fupreme Being, is founded 
intirely upon his own original Excellencies 
and PerfeQions, and not on his Rewards and 
Puniſhments 5 there neither ever was, not 
ever cou'd be any room for Contracts, or 
Pattions, between the ſupreme Being, and 
his intelligent Creatures, in the original 
Conſtitution of Things. He made all 
Things by the Word of his Power, and fin 
his Pleaſure they are and were created. Ii. 
finite Perfection is to be loud, admair'd, 
ador d, and ſerv'd, for being infinitely per: 
fect, anteceaently, and without any regard to 
Creatures: And when Creatures are brouglt 
into Exiſtence, this > Primary Reaſon of Love, 
and Adoration ſubſiſts, and in order of Nx 
ture and Dignity is prior and preferable to 
all other Reaſons. Creation adds nothing 
eſſential to inſinite Perfection, but a Circum 
ſtance only, which too intirely vaniſhe 
when brought into Compariſon with the 
original Beauty of the ab/ol/ute Infinite. Al 
his Creatures, that act naturally, correſpond; 
and are faithful, to the greateſt Bxadnel | 
to his original Impreſſions, and his appoin 

| te 
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ted and defign'd Ends on them. The Ce- 
leſtial Orbs, the Sun, Planets, Comets, and 
fix'd Stars, thoſe huge unweildy Maſſes 
of Matter, revolve in regular Periods and 
conſtant Order, by their impreſs'd Power 
of Gravitation and primitive Frame. The 
egetable 'Tribes are faithful to his appoin- 
l Seaſons. . The Brute Animals, ſacredly 
pbey their inbred Inſtincts. Only his com- 
pounded intelligent Creatures, if they at all 
pbey, do it for their own, not his fake, 
hat is, they themſelves. are their own u- 
mate End, contrary to what was Demon- 
rated, Corollary 4. Prop. 17. It is true 
n the Nature of Things, it's abſolutely 1m- 
doſhble, to feparate the 3 and Felicity 
intelligent Creatures, their Happineſs con- 
ſting in their being in the Order of their 
lature, that is, of GOD it's Author, and 
ieir only Duty being faithfully to obey 
his Order. Yet theſe two _ be conſi- 
ered apart, and mentally abſtracted the one 
om the other: And the laſt muſt be An- 
rior to, and in the Order of Things, muſt 
recede the former : So that when we 1n- 
ert this Order, and bring in our Happi- 
/s, as the ſole Motive, or the preferable 
lotive to our Duty, we become guilty of 
e moſt groſs and blackeſt Idolatry : For he 
Tho loves and worſhips the ſupreme Being. 
ly becauſe his one Happmeſs is thereby 
PART II. H brought 
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brought about, makes himſelf and his ow: 
Happineſs his ultimate End, and ſo place 
himfelf in the Rank and Order that belong; 
to GOD only, and himſelf becomes his oyr 

Taol. He only can be faid truly to. Low 
GOD, with a Love undivided, and worthy 
of him, who having /oved him, as far 
Rewards and Puniſhments will carry him, 
goes on ſtill further to /ove him, loſes al 
views of thele mercenary Motives, and feels 

for no Fuel to feed the celeſtzal Flame, bu 
the wnexhauſiible Pulchritude, and Perfect 
ons of the beloved Object. 


Propoſition xX. 


Charity, or the pure and diſintereſted L 
of GOD, and of all his Images in a props 
Subordination, is the end of the Law ; th 
Accompliſhment of all the Graces, and tit 
conſummate Perfection of Chriſtianity. 
Demonſtrat. On theſe Two, to wit, th 
Love of GOD and our Nezghbour, hang bol 
the Law and the Praphets, ſays the AD 
RABLE AUTHOR OF CHRISTIANITY 
and the Apoſtle lays, the end of the Lau 
Charity, if the ſupreme Being is the ulti 
mate Object of. the Felicity of all intell 
gent Creatures, and Charity the mean 
attain this end, as is evident from the pr! 
ceding Propoſition ; then is Charity the coi 


ſummate Perfection of Chriſtianity, Ti , 


who! 
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i whole of Chri/tianity is nothing but Rules 
bor attaining this Love, or Meaſures wheres 
by to remove the Impediments that hin- 
der this Principle of Reunion (the ſource of 
Charity) from operating, or Means to deſtroy 
the contrary Attractions which diſturb the 
natural Operation of this Principle of Re- 
union; which wou'd of it ſelf, if not ſtifled, 
oppoſed, and counteracted, neceſſarily beger 
his Divine Charity, whereby the Soul wou'd 
nſtantly be united with it's Center, and 
lItimate End, the ſupreme and abſolute In. 
11/111.8 q- ©, d. | | | 


Scholium. | 


To this Doctrine of pare Love, thets 
re made but two Objections which have 
ny Weight or Force in them. The Firſt 
US that the Motives for Love and Obedi- 
wce, urged by Moſes and the Prophets, 
-HRIST and his Apoſtles, are founded on 
Rewards and Puniſhments and that there- 
Wore without Blaſphemy, we are not to of- 
er at, or pretend to, more high and ſublime 

otrves or Principles, than the Friend of 
ob, and the SON OF GOD, (the Stan- 
Ward in their feveral Diſpenſations, of Pu- 
ty and Perfection) thought fit to preſs or 
ropoſe. The plain and genuine Anſwer to 
is Odjection is, that the Author of our 
hol being, who loves all his Creatures better 
* H 2 tha 
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than they can love themſebves, uſes all Mo. 
tives that are honeſt, laudable, and Ju to 
gain them; he knows perfectly the Fran 
and original Complexion of all his Creatures 
and that in their lapſed State they muſt 
aſcend to Perfection by Steps and Degrees 
and . that ſome are to be wrought 
upon by one Motive, others by another, and 
that generally the firſt Steps are mountel 
by the Force of the Terrors 1 the Lord, 
before the Love of GOD is ſhed in ther 
Hearts. There are Babes in CHRIST, 3 
well as grown and perfect Men, and their 
Food (or Motives to Charity) muſt beas their 
Years and Strength are: But our SAVIOUR 
tells us, we muſt love the LORD our G00 
with all our Heart, with all our Soul, with 
all our Strength, and with all our Mind, and 
if ſo, we ſhall have very little Love left behind 
for our ſelves. And his beloved Di ſcipl 
tells us, that perfect Love caſteth out Fear, 
and conſequently Hope, that is, Rewards anl 
Puniſhments, which are true, , good, and 
ſalutary Motives, tho? not the beſt. The { 
cond Objection is from the impoſſibility d 
Loving or begetting Love without a Re 
gard to "Rewards or Puniſhments. But thi 
Objection ariſes from Ignorance of the tri 
Nature of this Affection of the Soul. Lou 
is the Complexion of the Will or Deſires 
as was ſhown Prop. 15. it belongs to thi 
| uni 
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uninlighten'd Faculty of the Mind, the Will, 
and not to the enlighten'd Faculty, as the Un- 
der ſtanding is, and ſo naturally, and of it ſelf 
has no real Reſpe& to Rewards or Puniſh- 
WH ents, which are Motives offer'd by the 
WH Underſtanding : We love, becauſe we will 
e without Reaſoning, or becauſe the Ob- 
jet of our Love is amiable, and not becauſe 
it will hurt or heal us. Love is blind, and be. 
ongs intirely to the ill, and not to the Ju- 
ellect. But paſſing this, as perhaps too me- 
taphyſical, Lanſwer, 24ly,as we may for one 
" Wiingle Inſlaut, and for one ſingle Act, ab- 
ſtract from a Reward, forget it, or counter- 
act it, (which no Body who knows the 
preſcindent Faculties of the Soul, and that 
ve and Rewards are eſſentally united in 
heir own Natures can deny) ſo we may 
hus abſtract again, and again, and ſo in 
nfinitum, and thus beget a Habit for what 
may once be done, may for any impoſlibi- 
lity in the Nature of the thing be done 
for ever This is Demonſtration. But J pro- 
ceed, | 


Propoſition XXI. 


In all intelligent Beings, there muſt be 
aculties fitted tor all the ſeveral Ranks of 
bjects, in the Vnzverſitas rerum; that is, 
Ince there are evidently three Ranks of 
| * Objects, 
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Objects, in the Univer ſitas rerum 3 to wit, 


the material Syſtem of Things, the ſpiritual 
Werld of created Spirits, and the /ipreme 
and abſolute Infinite. Intelligent Beings muſt 
neceſſarily be fitted with Faculties ſuited to 
theſe three generical Ranks of Objects. 
Demonſtrat. This is evident from the ſe- 
veral different Mediums, which all infer the 
ſame Concluſion. 1. Intelligent Beings are 
Images of the ſupreme Infinite, who alone 
perfectly comprehends and knows himſelf and 
all his Creatures, that is, all theſe three 
generical Objects, in the Univerſitas rerun 
He has different Senſations and Perceptions 
(as far as Diver ſity can be conſiſtent with 
his infinite Simplicity) ariſing in himſelf 
from all theſe three different Objects, and 
conſequently Faculties fitted for them: 
Therefore intelligent Creatures, his Images, 
the Repreſentations of all his communica- 
ble Pertections, muſt of neceſſity have ana- 
logous Faculties, fitted for all theſe three 
difterent Objects. 2. There are Relations, 
incumbent upon all intelligent Beings to- 
wards each other, and towards the f#preme 
Infinite ; ſuch as Love, and Benevolence. 
Theretore intelligentBeings muſt be endow'd 
with Faculties fitted for receiving the Im. 
preſſions, and to perceive the Effects of thek 
Relations, elſe they wou'd be in vain : And 


theſe are two of the different Ranks of 


Objects 
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Obje&s ; and no Body queftions intelligent 

Beings, being fitted with Faculties for the 

third; to wit, the material Syſtem of Things. 

2. As to the ſpiritual World, 1 
e 


upreme and abſolute Infinite as its | 
The Principle of Reunion, whoſe neceſſity 
in intelligent Beings, I have now demon- 
ſtrated, makes it abſolutely neceſſary, they 
ou'd be provided with Faculties fit for Com- 
munication and Union with the ſupreme In- 
nite ; elſe, they were not fuſceptible of that 
appineſs which was the /o/e End of their 
Being. 4. That which is the apodeictict 
Demonſtration of the Truth of this Propo- 
tion, and at the ſame Time proves the 
Diverſity of theſe ſeveral Faculties, to be as 
eal as that of the Objects is, is the manner 
after which compounded intelligent Beings 
re provided with Faculties tor the ma- 
erial Syſtem of Things. Material Things 
Ire 2 to them only through their 
enſes; they have a real and material 12 
ux on theſe, elſe they are not really per- 
eiv'd; and all real Knowledge of material 
hings is convey'd into the Underſtanding, 
hrough theſe Senſes; Wherefore it is evi- 
lent, compounded intelligent Beings are 
ndowed with a Faculty of perceiving or 
eceiving material Things, thro” their Senſes, 
vhich is called Perception. Next they have 
a Faculty of painting theſe Perceptions or 
9 - + ih a” 
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their Images when the Objects are abſent 
and this is called Imagination, and 4 
a Faculty of combining and comparing the 
real Perceptions of theſe material Thingy 
or their Images, and this Faculty is calle 
| Reaſon. And all theſe three diſtin Ope- 
rations betong to the rational Soul, in 
order to fit it for Communication with the 
material World. Now by the Analog y di 
Things, ſuch like and ſimilar Faculties 
muſt of neceſſity belong to the Spiritual 
rt of compounded intelligent Beings, to 

| Fr them for a Communication with the two 
remaining Ranks of Objects; to wit, 
ſpiritual Perception and ſpiritual Senſes, Ina 
gination and Underſtanding, for the ſpiritud 
World of intelligent Beings, and divine Sen. 
ſes, Perception, Imagination and Under 
JO, tor communicating with the fi 
preme Infinite. For this Anatog y will perpe 
tually hold good and true, from the S7mph. 
city and Unity of the divine Nature; to wit, 
ſuch as the Faculties are by which we con. 
municate with the material World, ſuch 
amalogically, and with proper Limitations, 
are thoſe by which we communicate with 
the World ot Spirits, and the ſupremeInfinite 
And as we ſee compounded intelligent Be- 
ings have bodily Senſes, which ſolely be- 
long to the material World, fo in the Ana. 
log of Things, they muſt have Faculties 
i RSS different 
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different and diſtin in themſelves pecu- 
liarly fitted appropriated to the other Ob- 
jets in the *Unzverſitas rerum. Wherefore, 
Gr. q. e. d. 


Corollary. I. 


HE NCR we may conceive the Reaſon why 
in holy Writ, the whole Man is diſtin- 
guiſhed into Body, Soul and Spirit; whence 
comes the Diſtinction of the natural and 


ſpiritual, or inward Man, between the Law 


of the Members, and the Law of the Mind. 
Theſe Diſtinctions and Diviſions, I fay, are 
eaſily conceiv'd from the foregoing Propo- 


ſitzon. For the Body and rational Soul 


belong to this material Syſtem of Things, 
and are fitted with Faculties for communi- 
eating with it, and is called the outward 
Man; and the followin g it's practical Dictates 
in Rebellion againſt, and in Oppoſition to 
the Dictates of the Spirit, the inward Man : 
The eſſential Principle of Reunion, the Law 
of the Mind, which is fitted only for com- 
municating with the ſupreme Infoite : I fay, 
the tollowing the practical Dictates of the 
firſt, in Oppoſition to the DztZates of the 
latter, is called in the Language of the Spi- 
rit, the following the Law of the Members, 


Corol- 
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Corollary 11. 


As there are three different Principles, 


Orders, or Predicaments of Being; to wit, 
GOD the Creator of all Things, created 
Spirits, and material Bodies: So there are 
aualogically, in compounded intelligent Be- 
ings, three different and diſtinct Principles, 
adapted and appropriated, for communicating 
with, and enjoying theſe reſpective Objects: 


Whereof every one is endow'd with proper 


Senfes, Powers and Faculties, different and 
diſtinct from each other; that is, as the mate- 
rial Syſtem of Things, is the proper Object 
of the Senſes, and rational Soul ; and as this 
Principle is fitted with outward Senſes, Per- 
ception, Imagination, Under ſtanding, and 

2, So the Principle, whereby they are fit- 
ted to communicate with the created ſpiritual 
World, is endowed with inward denſes, Ima- 
gination, Underſtanding, and Will, and the 
ſupreme Spirit, or third Principle, whereby 
they are fitted to communicate -with the 
{upreme uncreated Infinite, is endowed with 
znmoſti (ſo to ſpeak) Senſes, Imagination, 
Vnder ſtauding and Will; and all theſe in 
their primitive and original Conſtitution, in 
Subordination, Harmony, and Agreement, 
without Contrariety or Confuſion one with 
| another. 
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another. This Corollary is as certain as the 
Analog y of Things is. 


\ Corollary III. 


HENCE we may deduce the true and ge- 
nuine Nature, and Extent, of the Degene- 
racy, Corruption and Fall of the human 
Race of intelligent Creatures, which conſiſts 
in the Confuſſon, Diſcord, Rebellion, and 
Contrariety of theſe different and diſtinct 
Principles one with, and againſt another; in 
throwing off that due Subordination, Subje- 
fon, and 3 Rank and Order, that 
was originally eſtabliſned among theſe Fa- 
culties; according to the Dignity of theſe 
different Objects; the Order of Nature, and 
the Analog y of Things, and following the 
practical Fiftates, and Concluſions deduced 
from theſe rebellious Faculties. That is, 
when in this anarchical and rebellious State 
of human Nature, the Faculties belong- 
ing to the material World preſume to judge 
of, and determine the Nature of the Sub- 
jects belonging to the ſupreme Spirit; take 
the Government and Adminiſtration of the 
whole Man, which properly belongs, in 
the Order of Nature, to this third Prin- 
ciple; lead the other Principles as Slaves 
and Captzves, and force them to comply 
with the practical Dictates they preſcribe, 


and 
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and deducein their uſurp'd Superiority; and 
under this compliance, begetting and produ- 
cing phyſical and durable Effects, the whole 
Order of Nature, and the material Sy/tem of 
Things, ſo far as theſe phyſical and durable 
Effects reach, becomes diſtorted, inverted, 
and corrupted. | LA 


Propoſition XXII. 


Tart rational Soul is not that Faculty in 
compounded intelligent Beings, which in 
the Order of Nature, and the Analogy of 
Things, is appropriated for the ſpiritual World 
(including the ſupreme Infinite as it's Head.) 

Demonſtrat. Tho' this be a neceſſary C- 


rollary from the preceding Propoſition, yet 


ſince it is of great Conſequence to true di- 
vine Knowledge, to have it's Truth efta- 
bliſhed beyond all poſſibility of Cævil; 1 
ſhall here ſuggeſt ſome other Mediums, or 
ſet thoſe already ſuggeſted in another Li- 
mit, from whence the ſame Concluſion may 
be deduced. And 1. This is evident from 
the Nature of this Faculty, and the man- 
ner of its operating. Reaſoning is the com- 
aring, or the conlidering the congruzty, or 
incongruity of the Perceptions, ſuggeſted by 
the Senſes, or of the Ideas lodg'd in the 
Memory, or painted on the Imagination to 


one another; and Reaſon is the Faculty 


whereby 
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whereby this is perform'd. Now the Senſes 
ſend in only the Iaſſuxes of material Things, 
and the Imagination and Memory preſent 
only their Pictures or Images, when the 
Objects themſeves are abſent; and here is 
all the rational Soul can do. But nothing 
of theſe belong to the ſupreme and increated 
Infinite, nor the ſpiritual World, 3. It 
is acknowledged by all, and every one's 
Experience demonſtrates it to him, that 
the rational Soul is fitted for communi- 
cating with the material World. Now ſince 
Body and Spirit are preciſe and proper Op- 
poſites, it wou'd be as diſſonaut and incon- 
| hr in the Analogy of Things, that the 
me Faculty ſhou'd be the Principle of 
Communication with ' theſe two Objects fo 
widely diſtant, as that the Zye ſhou'd both 
hear and ſee. It is true, it may be faid, 
that the rational Soul might have been ori- 
ginally endowed with ſuch Euergy and Ca- 

pacity, as to be fitted for communicatin 
with both Worlds ; but this is meerly gratis 
Dictum, and perfectly contrary to the Ana- 

log y of Things; it being impoſſible to brin 
an Inſtance of Nature, where Things 10 
widely diſtant, and preciſely oppoſite, are 
receiv'd by one and the ſame Faculty. We 
lee in the Body, or loweſt part of the hu- 
man Compoſition that it is inſtructed with 
Organs fitted for all the poſſible Ways, ma- 
2 | terial 
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terial Things can act upon it. And they 
are not near ſo widely diſtant and different 
in the manner of operating, as Bodies and 
Spirits in their Natures are. 3. There is 
a Two-fold Knowledge of material Things, 
one Real, when the Thing it ſelf, and the 
real Action and Impreſſion thereof on our 
Senſes is perceiv'd : The other Ideal, when 


the Image or Idea of a thing abſent in it 


ſelf, is repreſented to, and conſidered on the 
Imagination: For Inſtance, the Heat, Light, 
and chearful Influences of the Sun ſhining 
on us, are widely different from the view 
and Conſideration of its Image, or Idea on 
our Fancy. In the Analogy of Things, and 
according to the conſtant Order of Nature, 
ſuch muſt our Knowledge of ſpiritual Objects 
be; to wit, the one real, when the Objects 
make a real Impreſſion upon the appropriated 


Faculty; the other Ideal, when we frame 


a Notion of its abſent Subſtance and Qua- 
lities. Now it is very plain, the rational 
Soul is not fitted for this firſt kind of 
Knowledge or Perception of piritual Ob- 
jets, ſince a great many philoſophical and 
learned Men, who have exerciſed this Fa- 
culty in its greateſt Strength and Vigor, 
have deny'd the Exiſtence of ſuch Objects. 
4. Laſtly, That moſt certain and ſelf evi- 
den metaphyſical Axiom; to wit, that no- 
thing can be in the Underſtanding, that 

Was 


YI TBD EY YT Or ny wry 


of Religion, 111 
was not firſt in the Senſes, is a certain 
Demonſtration, that the rational Soul is 
not the Faculty in intelligent Beings, appro- 

riated to the ſpiritual World ; for eve 
Body allows, that Hiritual Beings, as ſuch, 
can never be convey'd, through the bodily 
Senſes, to the Underſtanding. And therefore 
we muſt either be intirely depriv'd of Fa- 
culties, for communicating with /þzritual 
Beings (that is, we muſt be depriv'd of the 
only means of our ſupreme Felicity, and for 
attaining the End, for which alone we were 
created ; to wit, communicating with the 
ſupreme and abſolute infinite Spirit.) Or elſe, 
we muſt be endow'd with Faculties diſtinct 
from the rational Soul for that purpoſe: 
Upon all which Accounts it is evident be- 
yond the moſt remote poſſibility of doubt, 
that the rational Soul is not that Faculty in 
compounded intelligent Beings, which in 
the Order of Nature, and the Analog y of 
Things, is appropriated tor the ſpirifual 
World: But that they are endow'd with ara. 
tional Soul, and bodily Senſe, to communicate 
with the material World, and with'a Spirit 
and divine Senſes, to communicate with the 
ſupreme Infinite. So that the mention'd me- 
taphyſical Axiom continues juſt and true, as 
it houꝰd according to the Analog y of Things: 
That as material things are convey'd to the 
ratzonal Soul, through the bodzly Senſes, fo 
2 


ſpiritual 
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ſpiritual Things (thoſe that relate to fi. 


preme Infinite) are convey'd through the 
divine Senſes, to the Spirit. q. e. d. 4 


Corollary I. 


HEN CE, in the Analogy of Things, as the 
Light of the Sun (that noble and glorious 
Repreſentation, Image, and Vicegerent of 
the /upreme Infinite, in the material World) 
is the Medium, through which material 
Things are ſeen and perceiv'd in our Syſtem, 
ſo the eſſential Light of the ſupreme Laas 
himſelf, is the ſole Medium, by and through 
which, his Nature and infinite Perfections 
are to be underſtood, and comprehended: 
And therefore, as certainly as the Sun ſends 
forth his Light on the whole material 
World without: Bounds or Limits, on the 
Juſt, and on the Onjuſt ; fo certainly, the 
Sun of n ſue ſi, the Pattern and Ar. 
chitype of our material Sun, ſends forth his 
enlightening and enlivening Beams on all 
the Syſtem ot created intelligent Beings ; 
and is, that Light which enlightens every 
Man that cometh into the World. 


H xxx it is evident, that he who wou'd 
judge, determine, and purſue the practical 
=—_— 
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Concluſions of theſe Determinations, about 
the Nature and Properties of piritual and 
divine Things, by his Reaſon, wou'd a& 
as incongruouſly, and contrary to the Ana- 
ogy of Nature, as he who wou'd taſte 
olours (as ſuch) and look into Sounds. 
he higheſt that this Faculty can juſtly and 
ongruoully pretend to in theſe Matters, 
5 from the known, certain, and experienced 
ature, and Properties of material Things, 
to which the ratidnal Faculty is in ſome 
neaſure adequate) by a proper Analogy : And 
om the Viſible's being low Images of the 
viſible, and ſpiritual ; to frame ſimilar, 
ut imperfect Lzkeneſſes, and Repreſentations 
f theſe ſuperior Objects, their Natures 
nd Properties, as we have endeavoured to 
o in the preceeding Propoſitions ; and this 
ally, and in fact, is all that Reaſon can do 
theſe ſublime Matters. 


Corollary III. 


Hence, we may diſcover the Errors and 
pieties of Spinoſa and Hobbes ; and the 
iſtakes of a later Philoſopher, I mean (the 
herwiſe ingenious) Mr. Lock. The firſt 
| theſe conſidered this univerſal Syſtent 
Things, as a kind of a Huge-brute-animal, 
uated by a fatal, neceſſary, unintelligent, 
N Principle; without either Wiſ- 
PART II. 1 dom 
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dom or Choice. The /econd conſidered 
human. Nature (not as it ray is, in its 
preſent State of Probation and Purification, 
a Mixture of moral and natural Good and 
Evil, but) in its diabolical and reprobated 
Eſtate : Not as groaning under its preſent 
State of Corruption, and waiting and pant. 
ing for the glorious Liberty of the Sons and 
Children of God 5 but as it will be in an 
habitual confirm'd Eſtate of the Anarchy 
and Rebellion of its Faculties one again 
another. In 2 Word, he conſidered Ana 
Nature only, as it is in the worſt of Men; 
or as it is ſuppoſed to be at laſt in a State of 
final Impenitence, and harden'd Impiety; and 
this he took as his Original to copy after, 
and his Model, whereupon he was to frame 
his human. Creature And it muſt be al 
lowed he has wrought it up to the Life, 
The third conſider'd Max and his Facul. 
ties; not indeed 1n their already reprobated 
and helliſh Eſtate ; but as he really now is, 
in the World, a Compoſition of moral and na- 
tural Good and Evil: And this State he has 
very fairly and juitly repreſented ſo far as it 
goes. But then, either having no Notion, or 
at leaſt no Regard to his higher Faculties 
(which in natural and lapſed Man lye buried 
under the Rubbiſh of his preſent Corruptions 
and Senſuality; ) nor to his regenerated, red. 
integrated and reſtabliſhed E fare, (to _ 


n 
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e maſt be reſtored, before he can reach 
he End of his Being.) No, not ſo much 
xs to conſider Man as he really is, a fall'n, 
{epraved, vitiated Creature, (in which State 
is lower, his rational Faculties are impair- 
d; his higher Faculties in ſome meaſure 
bliterated, at leaſt buried and opprefled 
y the Load of preſent Corruption and 
\enſuality : And all of them in a State of 
Harchy, Rebellion, and contrariety one to 
nother.) I fay, from having no Regard to 
ole other different real Eſtates of human 
ature, his Accounts of its Faculties are 
and imperfect. His Principles when 
ply > (by himfelf or his Diſciples) to Sub- 
(to which Faculties are appropriated, 
igher than thoſe he elicit out of the meer 
ſed State of human Nature) of a more 
evated Order (ſuch as Chriſtianity and its 
ply Myſteries, Faith, Grace, divine Reve- 
tion and i Inſpiration, and the Means of 
an's Recovery) debaſe thefe into meer 
atheniſh Morals, or human Philoſophy, and 
k the Oeconomy of the whole Wiſdom of 
ve Godhead, even below the poor Contri- 
ances and barren Speculations of many of 
e gentzle Sophiſts. But thoſe who fully 
derſtand the Principles, and are convin- 
d of the Truth of the Propoſitions, I have 
id down, will eafily perceive the ground 


[ the Errors and Miſtakes of theſe three 
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Setts of Philoſophers, and be able to 2 
ſwer their Arguments without my bein 
obliged to detail them. 


Propoſition XXIII. 


{ 


IN the Analogy of 1 and order 
Nature, as the material World is to unive 
ſal Space its higheſt Limit and Boundan 
ſo is the ſpiritual World to the ſupreme a 
abſolute Infinite, the higheſt Limit a 
Boundary of all Things. 
Demonſtrat. This is evident from Le 
1. with Prop. 9. and 17. There is a ba 
tiful Analog y and Uniformity running thi 
the whole Hyſtem of Creatures. The 
and the Created are Images of the In 
| ble and of the Increated. The Syſtem | 
intelligent Beings are more exalted, moren 
ble, and more immediate Images of the 
 preme Infinite. The Analogy of Things ru 
quite through the whole Sy/fem of Ce 
tures, up to their original Pattern and 
chitype in the divine Nature, -in a contin 
ed Subordination and Scale, according | 
their reſpective Natures. The mater 
World is an Image ot the ſpiritual Wor 
as the /prritual World is of the ſupre 
Infinite, As mfinite Space is the Locus a 
Boundary of the material World, fo is 
ſupreme lufinite, the analogical Locus 
| | Wh 
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hom they all live, move, and have their 
eing and the Omega of all Things, i- 
tual and material. And as Space is ſimilar 
a ſpiritual Subſtance, ſo is that to the 
vine Subſtance, therefore, Sc. q. e. d, 


Corollary I. 


HEN CE material and ſpiritual Subſtances 
> both of them extended; for ſince the 
terial World is to univerſal Space, as 
> ſpiritual World is to the ſupreme Ju- 
ite; and ſince both Matter and Space are 
ended, fo alſo muſt ſpiritual Subſtances 
: And the divine Ubiquity, and Omni- 
ſence, not virtually only, but ſubſtan- 
lly and eſſentially, makes it not unlikely 
t there may be, in the 47vzne Subſtance, a 
ſemblance of Extenſion (fo far as a Reſem- 
nce and Similitude of Subſtances can 
ch, between a relative Infinite, ſuch as 
ver ſal Space is, and the ſupreme Infinite) 
t infinitely more pure and perfect, than 
t of created Space is, or can be. 


Corollary II. 


t£NCE Matter and Spirit are Oppoſites in 
ry other Quality, except in that of Exten- 
1; for ſince by Converſion of Ratios, 
material World is to * ſpiritual World, 

| I 3 as 
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as infinite Space is to the ſupreme Infinit 
and ſince theſe two laſt, to wit, univerſi 
Space, and the ſupreme Infinzte, are q 
polites in every other Quality, but in 
Reſemblance of Subſtances, and that too, 
an abſolutely infinite Diſtance, as is evide 
at firſt View; therefore the other tuo mul 
be oppoſite in every other Quality but E 
3 For tho* extended Matter be din 
ſible by being extended; yet Space is n 
actually to be divided, or one part of 
ſeparated from another, Since it is the a 
ver ſal Locus of, and penetrates all Bodi 
And it is in This Senſe, that the Oppoſiti 
of theſe two Qualities in Body and Noir 
„ 


Propoſition XXIV. ce 

| A 
By the Analog y of Things, and accordinWſt: 
to the order of Nature, a Spirit is an Hm 
tended, penetrable, active, indiviſible, ini ly 
ligent Subſtance. | | 3 
Demonſtrat. By Def. 2. Matter is an Wi 
tended, impenetrable, paſſive, unintelligen i ha 
diviſible Subſtance: And ſince by the fm 
ceding- Corollary, Matter and Spirit are ¶ Si 
every other Quality oppoſite, except in thre 


of Extenſion ; therefore in Place of all tot 
Qualities in the Definition of Matter, pu 
ting their Oppoſites, excepting in that. 
| extend 
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extended Subſtance, (for Extenſion muſt im- 
ply a Subject) and then a S irit will be- 
come according to the Propoſition, an ex- 
tended, penetrable, active, indiviſible, intel. 
ligent Subſtance. I have choſen the Word 
Intelligent in this, and its oppoſite Unin- 
telligent in the other Definition, To wit, 
in that of 37. rather than that of Think- 
ing; becauſe 8 is the Source and 
Principle of Thin ing and expreſſes the 
whole of all the Faculties of ſpiritual Sub- 

ces. 


Corollary I. 


HE NCR, in Reſpect to their Subſtances on- 
ly, a material Subſtance is an infinitely 
condenſed or incraſſated piritual Subſtance: 
And on the other Hand, a iritual Sub- 
ſtance is an infinitely rarifty'd or refin'd 
material Subſtance, As we have it in Ho- 
ly Writ, there is a natural (or material) 
Body, and there is a ſpiritual and à glori- 
ed Body. For ſince Matter and Spirit 
have the Foundation of their Qualities com- 
mon to both, to wit, an extended Subſtance; 
Since all their other Qualities are the one, 
reſpectively the Oppoſite or Negative of the 
other. Since rarihing any Quality in Bo- 
dy and Spirit, is ſubtracting from its In- 
tenſion and Energy; and therefore an infi- 
14 nite 
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nite Rarefaction of a Quality is ſubtracting 
it ie and there being no mean be- 
tween Penetrability and 1mpenetrability, 
between Paſſivity and Activity, Divifubility 
and Indiviſibility, Intelligence and Unintelli. 
gence, they being contrary and oppoſite; there- 
8 the infinite Rarefaction of the one Qua- 
lity is the Poſition of its contrary; for tho 
the finite Subtraction of a negative Qua- 
lity (admitting no mean) puts nothing, yet 
the infinite ubtraction of ſuch a nogative Qua- 
lity puts the affirmative (thus — 02 x — 
© = + o. but — © 0 + —o=+©) there. 
fore in Matter, ſubtracting infinitely, all its 
poſitrve Qualities, or which is the ſame, 
(by the preceding Corollary) in Matter , fub- 
tratting infinitely the negative Qualities df 
Spirit, and then a material Subſtance will 
become a piritual Subſtance ; but ſince an 
infinite Rarefaction of a contrary Quality 
is the ſame with an infinite Subtraction of 
that contrary Quality, and ſince the ſame 
manner of Reaſoning holds good in an 1. 
finite Condenſation of the Qualities in Spzrit: 
Therefore in Reſpe& of their Subſtances 
only a material Subſtance, Ge. q. e. d. The 
Caſe in ſhort, as I conceive it, is thus: A 
Ae Subſtance, when infinitely conden- 
ſed and zncraſſated, loſes its Qualities of 
Denetrability, Activity, Indiviſibility, and 
Intelligence. Theſe being lock d up, and as 
it 
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it were crampt, in this Condenſation of their 
$ubſtratum (or the Subſtance in which they 
eſſentially inher'd,) thus znfinitely compreſs. 
The Actuality (as theMetaphy/icians ſpeak) 
of theſe ſpiritual Qualities being thus ſhut 
up and impriſon'd, tho* their Potentiality be 
not quite deſtroy'd, and thus a craſs, ex- 
tended, impenetrable, paſſive, diviſible, unin- 
* — Subſtance is generated, which we 
call Matter; but when this Matter thus 
form'd of a ſpiritual Subſtance, is again in- 
finitely refin d and exalted; theſe Powers and 
Qualities are unlooſed, ſet at freedom again, 
and exert themſelves as formerly, and thus 
become what they were originally made. 
But we muſt take care not to imagine that 
any finite Subtilſation, Diviſion, Refinement , 
or Exaltation of groſs Brute- matter, can in 
any the leaſt Degree, by any finite created 
Powers whatſoever, bring it to any but an 
infinitely diſtant Approach to this State of 
Spirituality; ſince it has been demonſtrated, 
in the firſt Chapter of this Part, that no 
Finite, how great ſoever, can be aay finite 
Part of any relative Injnite how ſmall ſo- 
ever: No Power leſs than his, 20 out of 
the very Stones cou'd raiſe (by Virtue of 
n- their original Potentiality) Children to A. 
of WM Lraham, can out of material, bring ſpiritual 
nd Subſtances; or on the contrary, convert 
as ll theſe into thoſe. 

it | Corol. 
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Corollary II. 


SINCE in aſcending from material Sub- 
fances, there can be no ſuch thing, by the 
Analog y of Things, and Order of Nature, 
as a Je or Leap, from one extreme to 
another, without paſſing through the inter- 
mediate Steps; and ſince in material Things, 
there are Subſtances of all Degrees of Den- 
ſity and Rarity. Earth's more denſe than 
Water, Water than Air, Air than Ether, 
Ether than Light. So in the ſpiritual World, 
there muſt be _ of all Degrees of Ra- 
rity ; the one Set and Rank more pure and 
refin'd than the other in a 9 moe Scale, 
till they aſcend ſo near the ſupreme Inf. 
nite, as Creatures can approach their Crea- 
tor, or Finites the abſolute Infinite. And 
by the ſame Analogy of Things, as in the 
material World, theſe ſeveral Orders of Bo- 
dies, Earth, Water, Air, Ether and Light, 
have their proper Places, Elements, and 
Centers where they reſt, and whither they 
tend, and out of which they cannot be de- 
tain'd but by Violence; fo in the ſprritual 
World there are Centers, Spheres and Ele- 
ments of ſeveral Orders of Spzrzts, the one 
more pure and refin'd than the other, (the 
more pure ſtill penetrating the leſs pure, 
where they reſt and continue, to which, 


by 


S 
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by their /pecifick Degree of Purity they ave 
8 of which they be ba de- 
tain'd but by Violence; all in a Subordinati- 
on one to another, depending on their par- 
ticular Degrees of Purity, penetrating one 
another without Confuſion or Contrariety, 
'till they arrive as near as poſſible to the 


ſupreme Infinite, who penetrates the whole 
 Oſtem of Creatures. 


Corollary III. 


Sixckx by Prop. 15. the Deſires are the 
cardinal Faculty of intelligent Beings, infi- 
nitely active and powerful, belonging to 
that Principle in them, which is appropria- 
ted to the /p:ritual World. By theſe De- 
fires therefore, thoſe of the fame Element, 
and fame Degree of Purity, are enabled to 
communicate one with another: But ſince 
the more pure penetrate the leſs pure; but 
not vice verſa * is plain from Corollary 1. 
of the preceding Propoſition,) the more pure 
may penetrate the lets pure, contrary to their 
Deer, but not vice verſa, this Superio- 
rity of the more pure, over the leſs pure, 
being a neceſſary Conſequence of the greater 
Degree of Purigy and Perfection. For as in 
the material World, the Sun purifies and 
rarifies terreſtrial Bodies, the nearer the 
approach, or are brought to him: And = 

I it 
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laſt converts them into his Subſtance. So in 
the- ſpiritual World, the Sun's Pattern and 
Architype, the Sun of Righteouſneſs ren- 
ders thoſe Spirits the more pure, penetra- 
ting (and as it were dezfies their intimate 
Subſtances) whoſe Elements or Region is 
neareſt him; by which they more nearly 
partake of his Nature, who penetrates the 
whole Sy/tem of Beings. 


Corollary IV. 


HENCE, ſince the ſupreme Spirit in com- 
pounded intelligent Beings is more pure (as 
being the higheſt Principle, and that Breath 
off Life, which they had immediately from 
the divine Subſtance) than the rational Soul ; 
the fr? penetrates the latter, and the /at- 
ter is but the Medium, and is it ſelf but 
of an intermediate Nature, between the two 
Extremes, Body and Spirit, coupling them 
together by its intermediate Subſtance : And 
in their primitive Order and Inſtitution, they 
were in a due Subordination one to ano- 
ther: The Body to the rational Soul, and 
both to the ſupreme Spirit; and in this 
Subordination, preſerv'd and maintain'd, and 
diligently cultivated, according to their re- 
ſpective Dignity; in the Pille obeying 
and approving of, and in the whole com- 
pound”s purſuing the practical Inferences de- 

2 duced 
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duced in this State, did the original Recti- 
tude of theſe compounded intelligent Beings 
conſiſt. And in the Contrariety, Contrad 
ctrion and Rebellion of theſe different Prin- 
ciples one againſt another, in the Willès 
obeying and approving of, and the whole 
Compound*s purſuing the practical Conclu- 
ſions deduced under this State of Anarchy, 
does the Fall, Lapſe, and Degeneracy of this 
et of intelligent Beings conſiſt. And for 
the reſtoring, rectifying and re-eſtabliſhing 
the primitive Order and State of theſe three 
Principles, to an habitual and laſting Sub- 
ordination, was the Incarnation of the di- 
vine LOGOS, and whole Oeconomy of the 
Redemption of Man. | 


l—_— 


Corollary V. 


HEN CE, the /upreme Spirit may be dark, 
dead, and almoſt quite obliterated, as to its 
ouvert Acts (the Principle it felt being eſ- 
ſential to, and interwoven with the moſt in- 
timate Natures of all intelligent Beings,) 
when the rational Soul is full of Ideas, Pic- 
tures and Images of Things. And on the 
other Hand, the ſupreme Spirit may be fall 
of Light, Brightneſs, ſubſtantial Knowledge, 
Foy and Peace, when the rational Soul is 
but weak, faint and languid, and almoſt 
void of all Ideas and Images; theſe being 


nor 


— 
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not only ſeparable, but at laſt to be actual. 
ty — 4 


the rational Soul can affect the ſupreme 
Spirit, when the LOGOS (that eternal 
and effential Word of God ) which ts quick 


and power ful, and ſharper than a two-edged 
Sword ſhall pierce, to the dividing aſunder 
the Soul and Spirit, | 


SCHOLIUM GENERALE. 


Tuus I have endeavoured to give fome 
faint and imperfect Images of the higheft and 
moſt ſublime Speculations of Religion and 
its Philoſophy, in the preceding Propoſi- 
tious and Corollaries. And tho? I am very 
far from thinking they are even juſt and 
compleat Images, and ſuch as might be 
draw from the fame Principles, by a more 
Skilful Hand : Yet I am tully convinced, 
the Propoſitions and Corollariès themſelves 
are true and juſt, as to their Subſtance, 
whatever may be in my Way of explain- 
ing or demonſtrating them; fo far at leaſt, 
as Reaſon can find out the Truth in ſuch 
ſublime . I am alſo well ſatisfi- 
ed that Reaſon can with any Propriety 
or Juſtneſs apply itſelf to Objects, to 
which it is not adequate and appropriated, 
after no other Manner, but by ſuppoſing 
'thoſe Objects, to which it is adequate, Ima- 


Se 


(So far at leaſt as the Acts of 


33 
Ln 
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ges or. Repreſentations of thoſe other Ob- 
jects, to which it is not adequate; there be- 
ing no other poſſible way for Reaſon to find 
a Medium of its Knowledge of Objects, 
that are convey'd to the rational Under- 
ſtanding, by none of the bodily Senſes, 
(as the proper Objects of its Faculties are.) 
And: there —— an abſolute Neceſſity from 
the Fimplicity and Uuiformity of the divine 
Nature, and of his manner of Operating, 
that all his Works ſhou'd be Reſemblances 
and Images one of another, (more or leſs; 
perfect, according to their reſpective Natures). 
and alſo of himſelf, their original Pattern 
and Architype. This manner of Reaſoping, 
and this Medium of rational Knowledge, du- 
ly inſtituted, muſt be juſt and true, as far as 
it reaches. And thus far Reaſon can go, 
and not one ſtep further in the Know- 
ledge of ſuperior Objects; it can frame and 
form Images of theſe ſuperior Objects, from 
what it finds and certainly knows. of: the 
material World, to which it is in ſome: 
meaſure adequate. Images I fay, not me- 
taphorical only but real and phyſical, as a 
Statue repreſents a Man, a Picture in 
Miniature, one from the Life, as a Seed 
(which is really the Plant it ſelf in little) 
does a grown Plant, or an Embryo, the adult 
Animal: This is the Boundary of Reaſon 
in theſe ſuperior Objects. And it is very 


obſer- 
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obſervable, that there are various Images in 
Nature, and in the intellectual Species of 
Things (fram'd upon what the Senſes have 
already convey'd into the rational Under- 
ſtanding) of all the moſt unconceivable, 
the mot abſtruſe and ſublime Myſterzes of 
Religion and its Philoſophy ; each ſuperior 
to another. Can there be a more perfect, 
noble, or lively Image in this lower World, 
of the divine Nature, Light, Benignity, 
Greatneſs, and Power required, than that 
of the Sun, in reſpeQ of our planetary Sy- 
ſtem. His Beams ſhine, and are tranſmit- 
ted through all the planetary and cometary 
Regions, even into the Sy/tems of the fix d 
Stars. He attracts all the Planets and Co- 
met in our Syſtem, and is the Source of 
all their regular, uniform, and conſtant Mo- 
tions and Influences. He warms, cheers, en- 
livens, and fertiliſes all the Elements, Ve. 
getables, and Animals; and is indeed the 
material Deity of this inferior World. Is 
there not a plain and obvious Image of the 
EVER-BLESSED-TRINTTY IN UNTTY, 
in every Order of Creatures ? In the three 
Dimenſions of Bodies? In Nature?s never 


riſing above the third Dimenſion in her. 
regular Operations, as was ſhown in Scho- 
lium Prop. 12 ? In the three infinite Pow- 
ers of univerſal Space? In the, three gene- 


rical Diviſions of Objects? Matter, created 
Spirit, 
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Spirit, and the ſupreme Infinite in the three 
DiſtinEtions and auiverſal Principles that 
omprehend the whole of material intelligent 
Beings? The Faculty, Object, and the Congru- 
ty or Incongruity between theſe? The Þro- 
ane and Ignorant may make a jeſt of this 
ernary Chain, and aſcribe it to Chance or 
ortune. But the Analog y of things, and 
he regular Uniformity in Nature, make it e- 
ident to a Demonſtration, that it muſt have 
ad its Riſe in its original Pattern and Archi- 

be, the divine Nature. Even the eternal 
reneration of the ſecond Principle in the 
godhead, of the firft, and the eternal Pro- 
Non of the third Principle from the fr ff 

d ſecond, comes evidently out of this au- 


ogtcal Ternary, when elevated to its Ori- 

in in the divine Nature; as was ſhewn in 

cholium 2. Prop. 17. And the Impoſſibility 

q A 5 or multiplying the divine and 
1 


preme Injmitude, even by it ſelf, fo far as 
at it is uncapable of Increaſe, or Diminu- 
on; as was {ſhewn in Corollary 2. Prop. 12. 
tures forth the Unity of the divine Na- 
Ire, in theſe three Relations of the whole to 
e whole. How noble a Reprelentation in 
eated Things, is the univer ſal Space of 
e divine Ubtquity, Injinitude, and ſpiri- 
al Nature? How lively a Picture in the in- 
llefttual Species of things, of Creation, or 

Gods producing the things that be, out of 
PART II. K the 


4 
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the things that were not, is that Propoſition 
demonſtrated Coro. LL 
2. Prop. 2. III t Ie 
X 0= © XO I. or@+©+©+©0-+© c. y 
o = O x o ? The Produc 
tion of a Plant from its Miniature in the 
Seed; and of an Animal from an Animalcule, 
is an aſtoniſhing Repreſentation of the Re- 
ſurrection of the Body. Theſe and many 
ſuch Reſemblances, and Tmages in Nature 
in the ſenſible and vi/ible things, and in the 
intellectual Species of things, derive 
through the Senſes ; might be brought to illi 
ſtrate and confirm the greateſt Difficulties and 
| moſt abſtruſe Myſteries of Religion, and its 
Philoſophy. So certain and univerfal is the 
beautiful Analogy of Things, and fo carchil 
has the ind and bountiful Author of out 
Beings been, to ſupply us with Evidences in 
our /ower Faculties, and lapſed Eſtate, d 
thoſe Truths he requires us to believe and 
receive. The full and compleat Conceptial 
and Knowledge of which belong not but t 
our ſuperior Faculties, and to our reſtore 
and re-eſtabliſhed Eſtate. May we the 
uſe the Aſſiſtances, Reaſon, and the 4 
vine Bounty, has afforded us, (I may 
moſt fay, even beyond and out of their m 
tural Order) for increaſing our Faith, cul 
tivating and bree, our ſuperior Fact 
ties, reſcuing us out of our Degeneracy an 
Corruf 
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| Corruption, into the glorious Liberty 0 

be Sons and Children of God, and then, in 
his Light we ſhall ſee Light, Amen. 


nA. III. 

Of the USE of the eArithmetick for 
6 Infimtes. 

d T N arithmetical Progreffion in. which 


| let 4 denote the firſt, v the laſt term; 
*. the Difference, ? the Number of Terms, 
and æ the Sum of all the Terms, which in 
an aſcending Progreſſion are a, a+ x, a + 2 
*, @ + 3 x, Sc. but in a deſcending Progreſ- 
ſion 4, 4 — x. 4—2 &, 4 —3 x, Oc. 

Having any three of theſe five a, v, x, t., 
Z, you may find the other two by help of 
theſe two Lemma?s. | 
Lem. eee x—x but V=a—tx+x. 


Lem. 2. C2 = t Xx a+ x 2when it deſcends. 
I ſhall here only treat of aſcending Pro- 
greſſions, judging thoſe that deſcend as not 
properly belonging to the Arithmetick of 
Infinites. | 425 
Now in aſcending Progreſſions both ? and 
V are infinite. | | Ft 
Therefore Corol. 1. C t x7 in the Caſe of 
And Corol. 2. }2g=t v Infinitess 
K 2 , Becauſe 
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Becauſe Infinites are not all equal, but vary 
in their Ratio's to one another, as much as f- 
nite Quantities do; therefore to avoid Con- 
fuſion, I ſuppoſe v= oo x 1=1+1-+1+1+ 


11 Sc. | Re, I 
8o from Corel. 1. t = = X——=— 
2 E RT. 
1 Wenn eee 
* ＋— — — — cM 
* * * x * 


F 


| 
c 02 
Prop, 1 .. This follows from ſubſtitu-· Wl 
| Ade 
ting the Value of , viz. —— in Corol. 2. f 


* [1, 
Examp. 1. Let x = 1. then 1 +2+3-+4 
002 
＋5 Sc. = 2 = , that is, the Sum of all 


2 N 
the natural Numbers continued in infinitun 
is equal to half the Square of Infinite: And 
here it is to be noted, that in this Caſe only 
=V= 0 XI=1-+IH1+l--1 So. 
Examp. 2. Let x , then 1-+1 + +2+ 
22 3 +3F Sc. — S = o& 2 0 the Square 
of Infinite. 
And thus may you find the Ratio between 
the Sum of any aſcending arithmetical Pro- 
greſſion, and the Square ot Infinite; and note 
that by infinite, is always underſtood Infinite 
in 


21 


11 


, ' 8 * | 
+ f * 
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in General, or Infinite oſ the ſimpleſt Nature 


and loweſt Degree, I-II, Sc. unleſs 
it be otherwiſe expreſſy declared. 
I 


g Corol. oo —— is the Root of a Square, 
| 4 2x | 
which Square is equal to the Sum of any a- 
rithmetical Progreſſion aſcending inn finitum. 
Examp. Let =x 2, then® Xx (or an infinite 
number of ) is the Root ofa Square equal to 
the Sum of that Progreſſion, viz. 1 +3-+5 
+7 Sc. =} ++ + +4 Se. |*. 
Corol. 2. Let 4= O u, V= oo m. t= co p. 


- 


Theſe values of 4, v, t, being ſubſtituted in 
Lem. 2. will give you2Z= oof X 0 2+ oo 22 
oo * XP m 1 
=o0 X pn m, or 5 = ————-—, and 
. 2 
M— 1 


,as you may 


the common Difference x — 


eaſily find from Lem. 1, 
You may expreſs the Sum & otherwiſe, for 
v— 4 | v— 4 

by Lem. 1. Therefore 

* * 

ä mg 

v-+4=22by Lemma 2d that is 5 = 


P 


— 


* 


.28X - 


__o *m*—o *# wo*Xmm—nn 

7 — — * 
2 * 2 * 

K 3 Corol, 
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Corol. 3. From Prop. 1. and Corot. 2. it is 
evident that in two arithmetical Progreſſions 
having the ſame common Difference x, the 
Sum of that whoſe Terms are infinite, is to 
the Sum of that, whoſe Terms are finite, as 
m - toi. For the Sum of the firſt, by 
Coro. 2. is o m — #* | 1 
„ the Sum of the other, by Prop. 1. 


2.x 

is o ͤ J. | | 
Corol. 4. From hence may be ſolved this 
Problem. Any arithmetical Progreſſion being 
given as 4, a+x, 4+2x, a+3x, Sc. whole 
terms are finite; to find another conſiſting of 
infinite Terms, that ſhall have the ſame Dit- 
ference x, and whoſe Sum ſhall be equal to the 
Sum of the given Progreſſion. Solution. m 
—#* — 1 from Corol. 3. © ex hypotheſi. 
Therefore m* = 1-+#* ; ſo to find # and », 
is an indetermin'd Problem, whoſe Solution 
2 —1 
by the known Methods n = will give you ö 
| 2 —1 

20 
S 
— 

where e is any Number (i) taken at 
Pleaſure, . So then theſe Values of 1 
and z being ſubſtituted in the Values of à and 
v, of Corol. 2. will give you the firſt Term 4 
2 8 | e* +1 


= ———, and — 
o X > and the laſt v — N 


and calling the common Difference x, you 


Ll, © — · ˙ , ̃ ‚⏑ K OW. 


—— = r reer 


— 
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will have a Progreſſion, each of whoſe Terms 


is infinite, and whoſe Sum ſhall be equal to 
the Sum of any other arithmetical Progreſſion, 
whoſe firſt Term is finite, and the common 
Difference x; and becauſe e is an arbitra 
Number, therefore you have as many of ſuc 
Progreſſions as you pleaſe, to anſwer the 
Problem. | 

Examp. Let the given Progreſſion be 12 
-+34+4+5 Sc. where x = 1, fo the Sum 
thereof is * x (as in Ex. 1. Prop. i) now 


20 
taking e=2, you will have #=——=25 Ge. 
mM = 4 

4 1 E 5 


= which from the ſecond Expreſſion 
—1 

of Corol. 2. will give the Sum of the Series 
(0 X 5, I ＋ 5, 2 + 0 5, 3 Foo 5, Sc) 
3 1516 | 

o X—=,00* X— g ο X, which is 

2 * 2 * 

the ſame with that of the given Progreſſion 
conſiſting of finite Terms. 

Schol. The Problem may be made more ge- 
neral, and the Solution as eaſy, if it were re- 
quired, that the Sum of the Series, conſiſting 
of infinite Terms, ſhould be to that of the o- 
ther conſiſting of finite Terms in any given 
Ratio of to , for then it muſt be to find 
mn and u, ſuch that a -, 1.7% :, 

. Prop. 
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Prop. 2. Let all Things be as in Nr 1. 
except the laſt Term, which here we ſhall ſup- 
poſe V== 
nnd 

co u, in which Caſe I 17e * 

tho RES + 

Examp. 1. Let ,I zal, ſo the Pro- 
greſſion will be 1, 2, 3, 4, 5, Sc. till the laſt 
Term be oo 2, I ſay the Sum 1+24+-3+4+)3, 
Sc. r o * X 2= double the Square of In- 
finite. T1 

g. II. In geometrical Progreſſion, let à de- 

note the firit, and v the laſt Term, the Ratio 
of the Terms, that of to , , the Number, 
and æ the Sum of all the Terms of any geo- 
metrical Progreſſion, which will be 4, 
Sa Pa Sa ag 


—_—C w — 


7 N = 25, 
Of theſe five Things, vi. the firſt Term a, 
CSE, | Fs 
the laſt Term v, the Ratio of the Terms —, the 
e 
number t, and the Sum of the Terms E, hay- 
ing any three, you may find the other two by 
. theſe two Lemma?s. | 


Lem. I, VU = — — X aA 

x | 7 — : 
Lem. a2. rare 
| 22 55 From 


. 
2 
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From Lemma 24. it follows that 2 
| 7 24 
when the Progreſſion aſcends, that is, V hen 
5 . | 
But when the oy hm deſcends, that is, 
when #> s, then from Lemma II. it will 
SU—YA 


be 3 = 


Lr | 

Caſe 1. In deſcending Progreſſions where 

the Number of Terms are infinite, the laſt 
Term v will be So. 

Prop. 1. In all deſcending Progreſſions, 

whoſe Number of Terms are infinite, and firſt 

Term finite, the Sum of the Progreſſion 1s a 


* 7 , 
finite quantity, viz. 2 8 
| 1 


7 
Corol. 1. Let a r, then 2 * 


Examp. Let r=1, , then IAA 


xy? 
2 += Oc. =2=—— 2 
72 
Prob. Having the firſt Term a, and the 
r 


Ratio of the Terms 7 ofany geometrical Pro- 
preſſion deſcending in infinitum, till v = © tO 
nd another Progreſſion deſcending in infini- 


um, Whoſe firſt Term ſhall be any given _ 
er 


| 
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ber 6, and its Sum equal to the Sum of the 
given Progreſſion. _ WE, 
Col. Let n to # bethe Ratio of the Terms 

| | 1 4 
of the Progreſſion ſought; now — is the 
77 


Sum of the given 7 by Prop. I. and 
2 
for the fame reaſon — muſt be the Sum of the 


mu 
Progreſſion ſought, therefore Gym the Condi- 
- m r a 
tion of the Problem ſought — = —, 
| . — 17 
(ira 
which gives n= © „where a, 1, 4, 
ra 

are given, and m may be taken at Pleaſure; and 
ſo you haves from this Equation; and conſe 
quently the Progreſſion ſought is found; for 
a Progreſſion is found, when you have the firſt 
Term 6, and the Ratio of the Terms m2 to 1, 
Example. Let r= 1, f 1, a 21; 3 Ai 
I aſſume m (=6) ſo the Equation will gie an 
1=3, therefore 1-+j+4-++3 &c. =;-+; + + 


8 
2 Oc. ; | na 


And here it is to be noted that ſince i =: 
taken at Pleaſure, the Problem is indetermi er 
ned, and ſo you may find as many Progreſl eo 

ons as you pleaſe, whoſe Sum ſhall be equaiWnce 


to the Sum of any given Progreſſion. . Ile: 
| | Scho 


* 
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Sebol. The Problem will be more general if 
it be required that the Sum of the given Pro- 


ra 
greſſion —— be to the Sum of the Progreſſi- 
1 
mh | 15 
on ſought ——inany given Ratio ; to & vig. 
m1 
12 mb 


1 1 — 2 
m NA Eh- 
: where is at Plea- 


: : b: k, which gives & = 


ſure, ar 
Caſe II. In aſcending Progreſſions, whoſe 
number of Terms are infinite, the laſt Term 
DV will be =o Xe; but firſt I ſhall conſider 
heſe Progreſſions in which e = 1, that is, 
here the laſt Term is an infinite Number 
of Units. 


s $U 
Prop. 2.2=o x— (= —) forr 4 
73 S—r S—F 
ve8Waniſhes, becauſe à is infinite, and v infinite. 


But here it is carefully to be obſerved, that 
n all theſe Progreſſions it is neceſſary to make 
Sr, ſo that will be the firſt and v the ſecond 
Term of the Progreſſion; and indeed in all 
geometrical Progreſſions, there is a Conveni- 
nce of expreſſing the Ratio of the Terms by 
he two firſt Terms of the Progreſſion. 8 

| IS 


140 Philoſophical Punciples 
| | | To > wo 
This being premiſed, it is evident that — is 
TRE. S—Y 
the infinitely ſmall and equal part, of which an 
infinite Number gives the Sum of any geo- 
metrical Progreſſion aſcending in infinitun. 
| Ss 
Examp. 1. Let r=1, s = 3, then = 
„I 
2, which ſhews == oo MA, that is 1+3+g+ 
27 + 81 Sc. =3 +j+3-+; Sc. 
Fi. 
Examp. 2. Let r=1, , fo — = 3, 
ir. 
Ergo & = © X 3, that is, 1 3+ 7 5 
Sc. = 3+3+3+3 Gc. : 
Problem. To finda Progreſſion, which ſhall 
haveany given Number (a) for the equal Part 
of which its Sum conſiſts. Solution. Let r be 
the firſt, and s the ſecond Term of the Pro- 


| F ö 

greſſion ſought, then (becauſe — is the e- st 
2 

7 Su 

qual Part for every Progreſſion)— — , 

which gives 22 5 - . 0 


ra 


, ſo taking the firſt Term r at Pleaſure 
4 — 1 
r a 
the ſecond ſhall be —. 
a—1 Examf. 
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© Examp. To find a Progreſſion whoſe Sum 
{hall be = co Xx 2. In this Caſe 4 = 2, ſo ta- 
| ra 
king r=1, it will give — = 2 which ſhews 
I a—1 
that the Sum ofa Progreſſion, whoſe firſt Term 
is 1, and ſecond Term is 2 — oo 2,0r 1-2 
4-+3 Sc. =2-+2+2-+2 Oc. | 
. Scholium. Becauſe 7 is taken at Pleaſure, 
therefore you may find as many Progreſſions 
as you pleaſe, whoſe Sums ſhall be all equal, 
becauſe each of them is — oo X 4. 
Prob. 2. Having any Progreſſion aſcend- 
ing, to find another whoſe Sum ſhall be equal 
to the Sum of the given one. Let 7 be the 
firſt, the ſecond 'Term of the given Progreſ- 
ſion ; and #2 the firſt, » the ſecond Term of 
the Progreſſion ſought, then o x is the 
2 beer _ 47 —7 . 

Sum of the given one, and o X —— is the 
©. GEES | Lotse 

Sum of the Progreſſion ſought, Ergo o X 
"P 2 

— 2 N FI: 4 | 


4-1 n — 1 


or —— = ——Wwhich gives a n may 
S$— mu s 


be taken at Pleaſure, and fo you have ». 
ig Schol. 
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Sthol.So may you find a Progreſſion, whoſc 
Sum ſhall be to the Sum of the given one; in 


m s 


any given Ratio h to &, for then— Hor » 
— 54 -i . 
mxshxXrk—-Sk 


bk: ſo that à = — 2 — 
7 8 

$. III. Before I proceed to other Progreſſion 
it will be neceſſary to ſubjoin ſome Things, 
which were omitted in ᷓ I. concerning arith- 
metical Progreſſion, and which ſhould have 

immediately preceeded d 2. a 

I 

Lemma. æ S X —,whenv—=oo X1.by Ml | 
r bas E 
Prop. 1. of F 1. | I 
Prob. Having the common Difference x, and Ml © 
the laſt Term Þ—= oo x 1 of any arithmetical WM 5 
Progreffion aſcending in infinitum ; to finda- t. 
nother arithmetical Progreſſion, whoſe Sum N 
{hall be equal to the Sum of the given one. y 
Let e be the common Difference, oo A the b 
laſt, and y the Sum of all the Terms of the — 


un 
Progreſſion ſought; then y = oo*» — : ®! 
| 22 ol 
A 
Prop. 2. of q I. Now becauſez=coo - is the #5 
8 of 


Sum of the given progreſſion, therefore oY VE 
I the 


I 7% 
the Condition ofthe Problem ———, ſoe=x 
2X ze 


1]; you may take # at Pleaſure, and fo you 
have eand conſequentlytheProgreſſionſought. 

Examp. 1. Let the given Progreſſion ber, 
2; 4, s, Sc. to oo I, where x=1, ſo e 
1; calling u , you have eg for the com- 
mon Difference of the Progreſſion ſought, 
viz, 1, 5,9, 13, Se to o Xx 2. I ſay then that 
the Sums of theſe tw / o Progreſſions are equal. 


e 
Corol. u 8 ſo taking e at pleaſure you 
* | 


have u, as in the former Example, if you call 
e, 2, then-#—v/2, ſo the Progreſſion ſought is, 
I, 3, 5, 7, Sc. to oo XV 2, whoſe Sum ſhall 
be equal to 1-+2+3-+5+6 Sc. to o X 1. 
So that in ſolving this Problem, you may ei- 
WH ther make the common Difference, or the infi- 
nitely ſmall Part () of the laſt Term, what 
you pleaſe ; and becauſe one of the two may 
be taken at Pleaſure, therefore the Problem is 
indetermined, and conſequently you may find 
as many Progreſſions as you pleaſe, whoſe 
Sums ſhall each of them be equal to the Sum 
of the given Progreſſion. | | 
cholium. inthe fame Manner you may find 
as many Progreflions as you pleaſe, the Sum 
of each of which ſhall be to the Sum ofthe gi- 
ven one in any given Ratio of & to h; for then 
| un 


. = . 
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1 1 | 2 
2 e 

| — ekib, which gives le x nt; ſo that 


2. | ; 
of theſe two (,) taking one at Pleaſure; 
you have the other from this Equation: 

Problem. 2. Having the Sum  * x q ofany 
Progreſſion, to find another that half have 1 
given common Difference e, and whoſe Sum 
{hall be equal to the given Sum. Let oo X be 
the laſt Term of the Progreſſion ſought, then 

i 7 | 


its Sum vill be * x n therefore by the 
ies. 
Condition of the Problem . ſo that »= Wan 
2 2e 
+ 2eq: but, eandg ate given, therefore # is Iſin 
known. | ty gif} 

Examp. Let q=1,itis requir'd to find a Pro- 
greſſion whole Difference ſhall be 1, and its 
Sum So XI or the Square of infinite; now 
becauſe 9 — 1, and e= 1, therefore #x—=4/ 2, or 
ſo that oo X V2 ſhall be the laſt Termofa Pro- 
greſſion 1, 2, 3, 4, 5, 6, 7, Sc. whoſe Sum 
{ſhall be ?; but by Examp. 24. of Prop 1. 
of F 1. if x, and v oo, then the Sum 
S co, Ergo 14+2+3+4--5 Sc. to o N 
2 IA 2-21 Gc. to oo X1. | 

Examp. 2. Let q--+, and e=2, then # = 


n, ſo that a Progreſſion whoſe common Dit- 
I ference 
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ference is 2, and laſt Term oo x Y ſhall have 
its Sum S X F=(by ex. 1. pr. 1.) 12+ 
3+4+5 &c to &. 3 
| 1 eXeE--LI 
V. Lemma == e=1-be r + 
8 3 
X +2 X e+1 X e-+2 73+ X e+1 Xe+2 
V 
Xerz X##--e X e+IX £+2X e+3Xe+4 
X 4 ". 2XZ3X4X5 THR 
X 75 Sc. | 
Let us now conſider the various Progreſſions 
that willariſe out ofthis Series, and what rela- 
ion they have to infinite in e X1, 
and that I may proceed diſtincłly, I will re- 
ſolve it into ſeveral Caſes, beginning at the 
ſimpleſt, where r , and ſo proceed gradually 
o r=2, 3, Sc. And where the Series is 
neither in an arithmetical nor yet in a geo- 
etrical Progreſſion, I ſhall endeavour to diſ- 
over according to what increaſe the Progreſ- 
ſion goes on; tho' in general that is plain e- 
nough from the Lemma of 5 5. 
Cass f. Let TI, which contains an infi- 


lifferent Values ofe, the Progreſſion whereof 
| ſhall ſhew in the following Articles. 
I 


Artic. 1. (e=1.) — =1-41-+1 +1 e. 
1—1 
oo XI. PaRT II. L Artic, 


ite Number of other Caſes, according tothe 
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Artic. 2. ( e=2) == =1-+2+3+ 
4, Sc. =o * 

Artic. 3. (23) . = I-+3-+-6+ 
10 Sc. = 03 

Artic. 4. ( =4) — 428 1＋-4 To 
＋ 20 Sc. = O4 


Now you are to obſerve that the Termsof a- 
ny one of theſe Progreſſions are made up of the 
Sum of the Terms of the Progreſſion next pre. 
ceeding ; for Inſtance, the third Term of the 
Progreſſion oo * 72.6, is the Sum ofthe three 
firſt Terms of the Progreſs—o ?; in like Man. 
ner the fourth Term (20) of Progreſſ- 
on in Article fourth is the Sum of the 
four firſt Terms in the Progreſſion of Art. 
zd. and the 7th Term of Art. zd. is the 
Sum of the ſeven firſt Terms in Art. 2d 
It is to be obſerved likewiſe, that the 
Terms of Art. zd. are triangular Numbers, 
ſince they are the Sums of the natural Num- 
bers of Art. 24. and conſequently the Sum 
of the triangular Progreſſion continued in 
infinitum, is equal to the Cube of Infinite. 
Caſe ad. r=2. 


Art, 


4 


ag 1 


bk Velgen. uw 


* * 
Art. 1. e =1, then — 28172 +4 


CORES I —2 
+ 8, Sc. S X2: 


3 . . 1 | 5 
Art. 2. ea; then 1 +4 +12 


1— 
+ 32, Sc. S X 4. 


1 . 
Art. 3. = 3, then 1— 23 +6 +24 


+80, Sc. S X 8. 
ie? | 
Art. 4. e=4, then 2 =1-+8 + 40 


+ 160, Sc. = 6 4X 16. 5 

Note, That the Terms of Art. 1ſt. are in 
a geometrical Progreſſion in the Ratio of 1 
to 2. 

ANy it is obſervable, that the Terms of any 
following Article are made by the Multiplica- 
tion of = Terms of Art. 1ſt. into the reſpec- 
tive Terms of that Article in Caſ 1. where 
e has the fame Value. For Inſtance, the third 
Term of Article 2 is the Product of the third 
Term of Artic. 1. into the third Term of 
Artic. 2, of Caſe 1. and the fourth Term (ig. 
160) is the Product of the fourth Term (vi. 
6.) of Artic. 2. into the 4th Term (vi. 20) 
of Artic. zth. Caſe iſt. And univerſally, let 
A denote any Term in any Artic. of Caſe 1. 
B any Term in Artic. 1ft of Caſe 2d. And C 


any Term in any of the following Articles of 
L 2 Caſe 
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Caſe ↄd. I ſay C=A B, taking A BC in the 
ſame Order i. e. if C be the 5th Term, then 
Aand B muſt allo be the 5th Terms of their 
Progreſſions, and whatever Value (e) has in 
the Progreſſion of which C is the Term, it 
muſt have the ſame in that Progreſſion where 
A is th: Term. Examp. To find the 7th 
Term of Artic. 3. of Caſe 2. Here C de- 
notes the 7th Term of a Progreſſion in which 
e —3 : This ſhews that A is the 7th Term of 
Artic. 3. Caſe 1ſt, which multiplied into che 
7th Term B of Artic. 1, Caſe 2d will give C 
the Term ſought. | 

Caſe 3d. r—3 


ol . 
Art. 1. e=r, then —— = 1-+3+9--27 
mY 
Sc. —= O X. 
PA 0 | 


Art. 2. 6=2, then 32 =I-þ6 +27 


1 
＋ 108, Sc. = © * X 4. 
1 f 
r. 3. e=3, then 1 — 3631 r 


270, Sc. = N. 


1 


Art. 4. e=4, then 1-3 4=1-+12 +90 


- 540, Sc. = oo 4 XL. 
Vote, the firſt Series is a geometrical Pro- 
greſſion going on in the Ratio of 1 tog. * 
* the 


—— —ß, 
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the following Progreſſions are made out of 
this firſt, with the reſpective ones of thoſe in 
Caſe i ſt in all Reſpects, as thoſe of Ch 2 
already explainꝰd: For let A be any Term in 
any Artic. of Caſe 1. Ba Term of the ſame 
Order (with A) in Artic. 1. Caſe 3. and C 
a Term of the fame Order in any of the 
Articles of Caſe 3d. I fay CAB, where 
e has the ſame Value in A that it has in C. 
And fo it is for all the ſucceeding Caſes in 
mnfinitum : The firſt Series of any Caſe, . 
(vi. where e=1) is always a geometrieal 
Progreſſion in the Ratio of 1 tor; the fol- 
lowing Progreſſions are made by the Multi- 
plication of the Terms of this firſt Series in- 
to the reſpective Terms of thole in Caſe x, 
as has been ſhewn in Ca/e 1 and 2d. 5 


Scholium, To have the firſt Progreſſion of 


every Caſe, let e I, then = nA 
734+74+75 Sc. 
But 1+r+=* +273 +74 Be. o X = 


* * Yr r 
Bento; 


BEFORE I conclude this Subject, it will 
be neceſſary to remove à very obvious and 
material Objection, vi. how it comes t= paſs 
that the Sum of the natural Numbers 1 + 2 

2 L 3 +3 


| 
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+3 +4+ 5, Sc. ſhould be equal to 1 or 


half the Square of Infinite, as it appears by 
Ex. 1. of Prop. 1. of Fi. And yet the 
ſame Sum is c or the whole Square of 
Infinite, as appears by Art. zd. of Caſe 1. of 
the laſt Lemma. This ſeeming Contradiction 
may be reconciled, if we ſuppoſe oo Y 1 to 
be the laſt Term in the Progreſſion of Ex. 
1. Prop. 1. (1. which will make the Sum 
= - and oo X Vn to be the laſt Term in the 
Progreſſion of Art. 24. of Caſe 1. of the 
laſt Lemma; for that will make the Sum o 
the Progreſſion = oo?, as appears by Ex. I. 
of Prob. 2. & 3. So that tho! it be the fame 
Frogreſſion going on in nfinztum, yet the 
one goes on to a greater Infinite, vi. oo x 
42 than the other which ends at o X 1. 

Bu the plain way of reconciling the Matter 
depends on the common Rules of Multiplica- 
tion. 1I+2+3 +4+5 Sc. ==> Hut 


—1 1 —1 


M —— but — 1 +1 +1 +1 Ce. and 


therefore 1+ 2 +3+4+5 Cc. =1 +1 +1 


+1 &c. x1+1+1+1+1 &c. 
Fer us now make an actual Multiplicati- 
on of ſix Terms only, thus | 


It 
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1 ITI ＋I 11 
1 EI ITI -I -I 


AI III IB. 
II III 1 
II -I I-11 
III -I 11 
1+I I-II 1 
C. II-III 1D. 


1+2+34+4+5+6+5+4+3+2+1 


From the Procels it is evident, that add- 
ing the ſeveral Columns, their Sums make. 
I, 2, 3, 4,5, 6. which is the greateſt, vig. B 
C (from which they deſcend in the ſame Or- 
der toD) and this BC is always the Number 
of Units in each Factor; ſo that if the Number 
of Units, multiplied into it ſelf, had been 1ooc, 
then BC the laſt Term of the Progreſſion aſ- 
cending from A would have been 1000 ; and 
conſequently if the Number of Units, multi- 
plied into it ſelf, had been o X 1, then BC 
the laſt Term of the Progreſſion would have 
been oo X 1. Now the Progreſſion deſcends 
from BC to D in the ſame Order as it 
aſcends from A to BC; but ABC is the 
Sum of the Progreſſion 1, 2, 2, 4, 5, 6, Sc. 
ending at BC SKI; and this Sum ABC 
is but half the Product (of which BCD 
is the other) that is to ſay, half the Square 
of Infinite : Thus you ſee that the _— 

L 4 O 
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of Art. 2. of Caſe 1. agrees exactly with 
that of Prop. 1. of F 1. only that of . 2. 


Caſe 1. gives you the Progreſſion twice over, 
and ſo makes it double of what it is in Ex. 1. 


* 3 | 

 Schol. From this Solution it appears that 
the Sum of the Progreſſion in Art. 3. Caſe 1. 
v. 1+2+3+6+10+21, Sc. is not pre- 


ciſely oo or the Cube of Infinite for — X 


1 1 5 — 
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1 ＋1 Sc. x 1+1+1+1 Sc. contains that 
Progreſſion oftaer than once; and the fame 
is to be conſidered: in all the Progreſſions, 
except when e=T, 269: 
VI. The Arithmetick of Inſinites appli- 
ed to Quadratures of curvilinear Spaces. 
LET DL be a- © jw = 
ny of the Hyper- | 
bola's, whoſe Aſym- 
tots are AC, AH, 
AR —x, KL . 
and the Equation 
comprehending all 
the Hyperbola's y 
F204 


By the com 
Methods, 


And alſo 
Corol. 1. Let x = 1, then CAKLD=—— 


b 
— 


and HAGLF = —- 


—— 


aſe 1. Let. #=1, ſo the Equation will be 
for the common , in wakh 
AK LD. 


at att Bids 2 + 1, Ge. = O0 X. I. 


1—1 "PL 
ad likewiſe H AG LF — 


＋ +1, Sc. = o X I. From whence 
appears, that the Area of the Apollonian 
e is infinite both ways. 

aſe. 2. Let à—2; ſoy * =1 _—_ the next 


yperbola i in which CAKLD =— —=I+ 
+ 4+8-+16, Sc. = O X 2. 
Caſe general. If you reſolve ——into aSeries, 


fou will have CARL D=- iy. PA + # Xx 1 


3+#4+45, Sc. and 3 the Terms of 
his Series are ina geometrical Progreſſion ak 
ending „ Sin the Ratio of i to 
u, there- 
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1, therefore by Prop. 2. Y. 2. the Sum thereof 
muſt be 1 * Tan &e 


—= © X 


, | 
A —TI | 


1 
Now becauſe #<1,therefore—— S'<T; 


therefore in all theſe 3! obey! s (in whic c 
n 1) the Area CAK LD will bean infinite 
bib umber of equal Parts, each of which (viz, g 
— ) is greater than 1. And hence is under. 5 
ſtood the meaning of the Geometers, who cal W.7 
theſe Spaces greater than infinite, that is, Wi 1s 
greater than o X I or infinite in — E 
Corol. 2. In all the Hyperbola” 9 — 
Apollonian) the infinite / ow CAKLD ach ſt 
cent to the Aſymptote AC) is equal to an inf. N 
nite Number of the finite Area HAG LF) ad. Y 
cent to the Aſymptote AH) in the lame Hy oc 
w 


perbola. 
Demonſtration. CAKLD= oo x ——by the mi 


general Caſe, but HAGLF: — by Coro bo 
1. $6. Therefore 
SCAKLD= „ XHAGLFS 9. E. D. 


Problem. Let oo X e be the infinite Aral 
CAKLD of any given Hyperbola, it is requi 
red to find „ Hyperbola, whole infinite 
Space 
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Space ſhall be to the Space ( x e) ofthe given 
Hyperbola in any given Ratio, as of p to I. Sol. 
Let y x"== 1. be the Equation ot the Hyper- 
bola ſought, then by the general Caſe foregoing 


i 1 
its Area iS=0 X N therefore by the Con- 


dition of the Problem, —, ec. p. I; which 
| RI 


will gives =; —;fo chaty Ar- = x 


is the Equation to the Hyperbola ſought ; but 
and eare given Numbers, and therefore this 
is a known Equation, and conſequently the 
HFyperbola defined by it is alſo known 

5 To find an Hyperbola whoſe Area 
ſhall be to that of the Apollonian, as 3 to 1. 
Now the Apollonian is = oo XI ſoe t, and 
pg, Ergo the Equation is y x 4 —1, whoſe 
Area by the general Caſe foregoing is=oo X 3, 
S which is triple of the Apollonian. 

Prob. 2 To find an Hyperbola, whecſe inter- 
minated Space AK LF ſhall be equal to any 
given Number(a)lety define the Hyper- 
bola ſought, where 2 << 1, then ZAGLF — 


— putting y =1 (=&@L=CA.) by Corol. 


of F 6. and becauſe AGLK—1, therefore it 
will be HAGLF — AGLK (=HKLE) = 


* 
2—1 


a 
e 
N | Problem 


— I. Therefore by the Condition of the 


F » 
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Problem —— Ira. Which gives # = 
fo the Equation to the Hyperbola ſought i; 


* * =T. | 1 
Let (as before) 4 C, c \v i 

A Hbe the Aſymptotes al 

of any Hyperbola DL | al 

Fdeſined by this Equa- a 

tion y x"= 1, in which A- I 

the Abſeiſſa AK=x, | | 

and Ordinate KL = y, A - 1 m 


and a is ſuppos'd either . 1 h 
equal to, or greater than Unity. 1* It appear, A"? 
that ia all Hyperbola's the interminate Space i-* 
CAK LD is inhnite, and the interminateSpace FE © 
H1AGL*F (except in the Apollunian where 1 
== 1) is finite. 2. In every Hyperbola, one | 
part of it continually approaches nearer an 
nearer to the Aſymptote A C, and the other WM;'- 
part continually nearer to the other Aſymp-l 
tote A HT; that is, L D meets with AC at 1 
Point infinitely diſtant from, and LF meets 
with A 77 at a Point infinitely diftant from 4, 
3*. In two different © 
Hyperbola's DLF, dl 
V if we ſuppoſe to be 
greater in the Equati- 
on of 4H than it is in J —_— 
the Equation of DLF, | 
then LD ſhall meet ꝗ 
ſooner with 4 C than 


— r? ne — 
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IId with à c, but £ f ſhall be longer in meet - 
ing with A H than F with 4 . Therefore 
ſince theſe Meetings are at infinite Diſtance 
from Aand a, it foflows neceſſarily that theſe 
infinite Diſtances muſt be one greater than 
another, viz.ac < AC,andah > 4H; 
Wand in the fame Hyperbola AC << A Hand 
oc <a 5 except the Apollonian in which A 
2 | 


Therefore it muſt needs contribute very 
much to the right underſtanding the Scope of 
he foregoingQuadratures of theſe interminate 
hyperbolick Spaces, if we can determine the 
ength between the Centre A or @ and the 
Point of Concourſe of either Part of the Hy- 
perbola, with that Aſymptote to which it ap- 
Wroaches. | 
Problem 2. To find the Point Cwhere L D 
eets with the Aſymptote AC, and the Point 
where L meets with the Aſymptote A 
V, for any Hyperbola D LF, whole Equa- 
10n Y X = I 15 given. 
Solution. It is evident that the Ordinates L K 


=y ==) increaſe as the Abſciſſas AK ( 


x) decreaſe, ſo the laſt Ordinate muſt co-incide 

vith the Aſymptote A C, in which Caſe the 

Abſciſſa x =o = 1 —1. Therefore A C 

1 I 

I—1|- x" * 

Examp. 1. To find AC in the common Hy- 
perbola 
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perbola y 5 Becauſe in this #=1, therefore 


| V 

AC =— =(by Art. r. of) 5) 1+1-+1+1, 8 p 

Sc. =o X 1. 3 | | = 

Examp. 2: To find A C in the Hyperbok WW 
whoſe Equation is y == Becauſe in this: 


— 2, therefore from the general Solution 4( 
I : 
— _ 2 = 1+243+4+5+6, Sc. = M 


SE That is, 4 C is an infinite Number «Bi 


equal Parts, each of which is oo f: So that 48 
Cin this is an infinite Number of equal Parts, 
each of which is A4 C in the common Hy: 
perbola. | N 
Schol. If we could give the preciſe Sum of for 
the Series in Art. 3, 4, Sc. of Caſe 1.0f 4s, 
we ſhould then have AC tor all the other 
Hyperbola's ; but that is not eaſily to be done, 
as is declared in the Scholium at the End of 
$ 5. Only this much we ſee (by Ca/e 4. ot 
5.) That 4 C increaſes as the Powers of o 
whoſe Exponents are #. So in the Hyperbolz 


n= — AC is as o; in the Hyperbola y = 
— 40 is as oo in the Hyperbola y = 4 


C'is oo 3; and ſo on. Part. 


. Je nr —_ 
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Part. 2d. To find AH when L F meets 
with its Aſymptote AH. Here we muſt con- 
fider GL (xx) as the Ordinate, and AG ( 


Ly) as the Abſciſſa. Now when GL becomes 
A H, then y=o. But univerſally G L (=x) 
l +1 


— 


1 
= == therefore AH E 
51 1 1-1: 


Put —= e, and then by Lem. of 55. AH 


I e xe exe IX 


La e xe Xe+2Xe+3, Ge. 


e | 
But ſince we cannot aſſign the Sum oftheſe 
WP rogreſfions, therefore this Series is of no Uſe 
In the Solution of the Problem. We ſhall there- 
ore conſider the Problem (as to the finding 
H) £:1er two Caſes, firſt when # is an In- 
eger, and ſecondly when it is a Fraction. 
Cafe 1. When z is an Integer. So if #=1 (as 

1 


a the common Hyperbola) then AH (=— 
1+1-+1, Sc. = o XI=AC. If Da, 
hen AH (= . 
mean proportional between x and infinite. 


f =3,then AH 


— — 
I—+/,=, NY ON 1) is 


11 
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eee nr ee WY | 
J XI is the firſt of two mean Proportional, 
between 1 and Infinite. And univerſally itbe. 


tween I and Infinite there be ſuppoſed as many 
mean Proportionals as there are Units in 2-1, 


then AH (=— 8 * 


— 1 V NV Xx1) 
ſhall be the firſt of theſe Means. 
Caſe ad. When zisa Fraction, ſuppoſe » — 


2 but <4, becauſe we always ſuppoſe ac. 


except in the Apollonian where #=1. So then 
* Fas therefore AR - = 


2 7 7 iy Vi = 


I co XK I N 119 So for Ex. ifa via 
* 27 2. | 
| 2=3, 9 =2, then AH =+4 S711 
Carol. From both theſe Caſes it is evident, 
that the greater Number weſuppoſe u to be,{o 


| much the ſooner will LF meet with AH: tor 
| the greater we ſuppoſe y to be, ſo much the lei 


will — or G) be; but —(or * is the Expo 


nent of- — (or o) which gives the Value 


| 

| of AH. Ergo the greater that # is, the 
. ſhorter will AH be. 9. E. D. 
| * 2 Schoj 


„ 
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Sebol. Since in all Hyperbola's AH———— 
1 6 . P 1 

— V- I = x1 |1 is ſome 
can Proportional between 1 and o X i, it is 
orth the while to conſider what ſort ofNum- 
ders theſe means are, vig. whether they be fi- 
lite, infinite, or neither. It is certain they can- 
ot be finite, for then it would follow that the 
quare of a finite Number ſhould be infinite 
hich is abſurd. Nor can they be properly 
ſteemed infinite, for the f. part of facts 

n Infinite muſt be 1 divided by ſuch a mean. 
Demon. Let à denote that equal part, then 


' SCATEEY | b Keen 
> Xa—=+/ © 1 , Which give 6 re 


| 72 D. (Ex. gra.) v oo X lor a mean between 


1 I 
and infinite muſt be o X — or an infinite 
i: + & . rt 


| "A 
(umber ofequal Parts, each of which is 
1. > 
i divided by the mean between 1 and o X x 
that this equal part — = ir 
or infinitely ſmall, nor infinitely great, and 
onſequently the mean / X 1 is not proper- 


an infinite Number. And hence we ſee that 
PART II. NM there 


is neither finite 
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5 ol Numbers whoſe Sum 
are neither finite nor infinite, but betweenboth, 


Ex. gra. woo XI Chan ED os lo yoo XI 


1 
e 11 Art 1. Sc. i 15a Num. 
1—1 


— Aenber Enie infinite: Ain © all the 
means between: land Infinite, are neither i 
nite nor inſinite. 
I fave hitherto bonfiderdonl 7 chew Cabs in 

whiclr #=or ; let us now ee what WO hy 
be the Reſult if we fuppoſe z==0: It iseviden 
then that the general Equation,v/S-ya%=1 1 
all Hype als be. s would in this Cafe be y g＋οc, 
that the e Hiperbola's will in chis Caledeges 
rate into a ſtrait Line QF, — N © 


2 


arallel to AA BUN confider- ah 
ing it as the ſimpleſt Hyper- 
bota, let us confider at what cf 
diſtance i It willr meet with, its OS 


Aſymptotes. Now univerſally AC= _ , 
4x 


the Sol of part. 1· 9 Prob. z.) when x ©, bu 
#=9 by cM tion: Ergo, be x what it wil 
Xo==1, Ergo, AG 1, 2* From, the; Solutiat 


H 


of part 2. 0 Prob. 3. we have found tha F 
MAH= e inthis Caſe will gin 0 


ane * that is AH= E 


1-1]. 1— IU 
or tlie infinite Power of infinite. 


$* * 8 8 1 
a 9 


3 
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Coral. 1. Conlidering a ſtrait Line as an Hy- 
perbola, it gan have but one. Alymptate, big. 
AH, whoſe, Copcurſe with At 1sat 550 
Piſtance from A than any ther Hyperbola 
orel. 2. All the 7 "53 9=1 whoſe 
\ſymptotegare AC, A 7 guilt} reſet Y K, 
and the greater # is, ſo much the more they 
dead towards AH and recede from Y; and 
s they all interſect DF, fo they all intetſect 
dne another in one Point only; and aſter the 
Interſection, that, in which is greateſt, ſtill 
alls loweſt or approaches neareſt to AH. 
- Schol. It you ſuppoſe n infinitely great, vx. 


= then the Hyperbela will be a trait 


ine parallel to the Aſymptote 40. 
Seck. 7. We have now finiſhed this Buſin 
the Hyperbola's which has afforded us a new 
peculation of Numbers, 52, of ſuch as are 
either finite nor infinite, which deſerves to 
de conſider'd better than either my Time or 
ny Capacity will permit. However, I ſhall 
ere ſet down a few thoughts about them, 
111 I have more leifure to prefecute them. 
Firſt then, to diſtinguiſh them from finite 
nd infinite, T ſhall callthem effnite Num- 
ers, and denote them by this gn - Hats 
25. Indefinite Numbers I ſuppoſe to be inter- 
nediate Numbers lying between finite and in- 
Inte: For as we do = deſcend from 1 to © 
| 2 at 


finite as 68, the Quotient —.— | 


Number by &| 75 1 always ſuppoſe th 
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at one Step, but muſt paſs through an infinite 
Series of Fractions, 2, J, +, , Se. So it j 
impoſſible that in aſcending from 1 to o, we 
ſhould paſs immediately from finite to infinite; WM i 
therefore theSteps between theſe twoare inde: 
finite Numbers; thus before we arrive from 1M 2 
to oo 1, wemuſt come at vo 1, and before we 


bay, Lo 


| — | 3 
come at oo X I e mult firſt come at oo , 
eon... = 

3%. The Rules for the Arithmetick of Ind m 
finites may be made after the ſame manner a 
is done for that of infinites by D. Chyne. Ty 
which I ſhall add, that an Indefinite as 09! or 


Jo l multiplied by another Indefinite as 5 . 
makes the Product 88 this Product be 


comes infinite when it happens that 2 8 
yr Sor p, but the Product is only inde g 


finite when 9s + pr > ps. And if an inde 
finite as & | be divided by another ind 


I 
infinite when 490 — pr is Sor = ps; bu. e. 
it is finite when -r, and indelfpre! 
nite when 45 — Pr > pF. {hal 

Note, THAT in expreſſing an indefiniſ 2 


Num 


— 
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nm 


Numerator eſs than the Denominator P; 
for if q be either < or , then & 5 is 
an Infinite. That theſe Numbers are not 
infinite, may be thus demonſtrated. If (ex, 


gr.) cb X 1 were infinite, then © N 


00 
1 


(S X 1) mult be infinite, -and alſo 


| „ 
muſt be So; Ergo oO Xx OS O X 2 


g0 1 = infinite, which 1s abſurd. 


Sef. 8. Containing ſome miſcellaneous 
hings relating to infinites. 
Lem. Let FBDde 
be a Logarithmick 
Curve whole firſt Or- 
8 N I, 92 8 —.— 
ciſſa &, Ordi- 

nate C D, and * Tag * * | 


E 


perty of this Curve, it follows, | 

1. THAT ACare the Logarithms of CD, 

i. e. If you make the Ordinate y D re- 

preſenta Number, then its Abſeiſſa x (=AC) 
{hall bethe Logarithm thereof. 

20. THAT the Logarithm of 1 is nothing; for 

M 3 the 


W(= + &) = infinite, but o Xo =1 ; Er- 


ſymptote Ee. Now from the known Pro- 


—— 
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the. firſt Ordinat AB i, but its Abſciſſa is 
, therefore (by 1?) the Log. of 1 0. 
38. Trar the Ordinates £4. (to the left of 
AB) denoting Fractions, their reſpective Ab. 
(fs Ar are the Logarithms of theſe Fratti 
ons: So that as 15 the LOS: of any Integer, 
CD in the like manner x denotes the Log 
of any Fraction ( 4). — 

- 4%. Tur the Log. of any Fraction 2 is e 


qual to—Log. of n. So that the Log. of any 
Fraction (whoſe Numetator is 1) is equal i 


Magnitude tothe Log,of that wholeNumber 


which is the Denominator ; there being nh 


Difference between the Log. ofthat Fraction- 


and he Log. of this Integer a, but that this 
x( becaule it lies to the right from A toward 


Hand the other x becaüfe x lies to the lei 


from A towards e. | 
= 7 ; 8 1 ä by $ | * i * : 
Demoönſtrat ion. — ſignifies 1 divided by1, 


— 


<1 T N = .- Ss — 
therefore by the Rules of Diviſion J. 1 —/: 
Oil ane 913 mo 0 
nog. of the Quotient, vig. I. —. But J. 
(L030 ar: 0.4 DO | [ 48; | 

55. If this Curve be continued (ur rinque 
from B in inſinitum, then fwill meet with the 
Aſymptote at an infinite Diſtance Ae. = 

| 1 
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vill diverge from the Afymptote on the other 
fide, ſo that at an infinite Diſtance AE the laſt 
Ordinate EH will be infinite. And ſince the 
laſt Ordinate ef is o, HDſe A hſeiſſa Ae os, 
it is evident that the Log. of o is : c or rather 
—< & It is evident likewiſe the lat Ordinate 
EF is = oo, whoſe Abſciſſa AE is alſo= co. 
So that the Log. of o and the Log. of co are 
equal, only the one is and the other 
1 


| 3 3 N 
his may ſeem abſurd, but the Demonſtration 


b i 1 6 a by : 3 
is evident from the foregoing Lemma. For 25 
. Let then — —=y. That is 1—1] He 


= o gre Av 

WT hisreduc'd to a logarithmicalEquation gives 
I X/:1—1=/:y;thatis —tX4:o iy. 
But /:2==— oo (by Art. 5. ofthe Lem.) Ergo 
—I X — o J:), that is+ oo= #:y. There- 
fore y is infinite (/. y = o) for noNumber has 
an affirmative and infinite Logarithm, except 
an infinite Number. Since then r oo, then 


I £4 
o that is == 0 9. E. D. 


gong 


School. But by o cannot be underſtood abſo- 
lute nothing, for an infinite Number of abſo- 
lute Nothings cannot make 1; but by o is un- 
derſtoodan infinitely ſmall part, as in the cal. 


M4 aff. 


ö 
| 
it 
l 
| 
: 
=_ 
| 
: 
1 
i | 
. 
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diff. d x is an infinitely ſmall part of x, ſo 

eh dx is as o to &: Not that r is abſo. 
lutely nothing, for it is diviſible into an in. 
finite Number of Parts, each of which is 4 


d x. And therefore the Demonſtration, 
which ſuppoſing F and e meeting at an inf. 


| n 
nite Diſtance 1 e, makes the laſt Ordinate 


e FS o, implies no more but that ef 
d x. But then it may be inquir'd what is the 
Quotient that ariſes from the Diviſion of 1 
by abſolute Nothing. I fay there is no Quo- 
tient becauſe there is no Diviſion : There. 
fore it is a Miſtake to ſay the Quotient 15 
1 or Unity undivided, which is demonſtra- 


. bly falſe, neither is the Quotient — ©. For 


properly ſpeaking there'is no W ee and 
therefore it is an Error to aſſign any. In 
like manner, it is an Error to ſay, that o 
X 4 makes the Product o; for properly 
ſpeaking there is no Product. It is true, this 
of Multiplication has no influence upon 
Practice, but that of Diviſion has. 

From hence it appears, that a Curve is 
ſaid to meet with its Aſymptote, when the 
Ordinate is infinitely little, e421 f4 


Tx1s 


| 


Tuts ſame Notion does explain how it 
comes to paſs that 1 divided by a negative 
Number gives a Quotient greater than infi- 
nite. For ifwhen you call L Mx, XL.) 
e=d x, then becauſe the Points F and e are 
infinitely near, we may conceive the Logarith- 
mick Curve continued as interſecting AH in 
the Point e; ſo that FBf2f2 62 #2G 
makes but one continued Curve, whereof 
the Part above repreſents the affirmative 
Numbers by its Ordinates, and the negative 
Numbers are repreſented by the Ordinates 
of the Part below; but 4 1s the Beginning 
of the Axis for the Logarithms of both, vzz. 
AE, AH, c. are the 0 ofthe affir-, 
mative Integers FE, G H, &c. Ac the Loga- 
rithm of any affirmative Fraction, Ae the 
Logarithm of an infinitely little Fraction, Fe 
dx. A2 A, Ag E, &c. The Logarithms of 
the negative Numbers, 242 B, 2 E2 F, Gc. 
Now let a be any Number greater than Uni- 
ty, then 1 will be a negative Number, let 
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us now ſee what the Quotient of — will be, 
/ 1— 


let it be y, ſo . - bk 
reduc'd toa logarithmic Equation, Equation 
gives — iI XI. I- J). 

Bur i is a negative Number, ſuppoſe 
(ex. gr. of 2 A 2B, then A2 A is : 1— 
therefore — I Xx A2 A= l. q. but 42 A< {4 
e, and Ae = oo, therefore A2 4 < — &. 
Let then A A==— co x 2 (where a << 1) 
then — 1 X— O = I: y, that is oo X 4 —/: 

„, but o Xx 4 <<, £rgoyis a Numb 
greater than infinite. | % 
And here it is obſervable, that there at 
affirmative Numbers leſs than nothing, de: 
noted by the {everal Powers of 4 x, as d x, 
4 x3, Sc. or by the ſecond, third, &c. Dif 
rences, and theſe Numbers may be aptly re 
preſented by the Ordinates of the logarith- 
mick Curve, continued from F towards 2 N 
when 4x” is affirmative, or from 2 f towards 
Hwhen 4 x* is negative. ; 
Another way ot explaining what is meant 


=, i. e. 1 = , this 


| 1 
by co. 
Pp 


Let A H produ- 1 +a 
ced indefinitely be Tn EE &-e 7 
divided into equal 
Parts AB, BC, CD, DE, Sc. fo that a Pan 
of this Line ſhall denote any Number, ſuppo 


ling 


| 
| 
| 
| 


— — — 
— —— — 


—— 
I —— — ̃ 
. « _ = — 
— 
4 
* 


I 
— 


jt — 


dt Religion. 171 
ing A Bl, let then x denote any N umber, 


er. gr.) Letx=AB. and 2A 2 5 — —= 


„ 
Now ſuppoſe b infinitely near to B, then - 
= Bb dx, ſo chat ———. But æ 


aux, Se. That is 1 X x=dx X 11 
$i 1 5 


1 © he Sc. But by Suppoſition x =A B 
x / | | 


W—:. Ergo f —=1-+1+1-+1, Se. =o X 1, 
X 
I 
Put _—=1+1+1+1,8c. Ergon =, or 
8 O N O dx 


d x— o, but d x is n6t/abſolute nothing, and 
therefore when we ſay Si, Sc. 


o does not denote abſolute nothing, but only 
x or an infinitely ſmall part of x. And there- 


fore when (in the Quotient — 


) we fay len 


_ 

S, the meaning is not fat y is abſolutel 
equal to x, (for then there would be no Divi- 
ſion, and conſequently no Quotient) but only 
that y exceeds x by an infinitely fmallQuanrit 
ox, which is fufficient to make them 10 
15 — I haye 
1 
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I have hitherto conſidered no Progreſſion 


of Numbers except theſe that are in arithme- 
tical and geometrical Progreſſions, and theſe 


I 
2 as in 9 5. I ſhall now 


proceed to treat of other Progreſſions, and 
theſe, which offer themſelves firſt, are the ſe- 
veral Powers of Numbers in an arithmetica 
Progreſſion. Let then = denote the Sum of 
any arithmetical Progreſſion a, a--x, a+2x, 
a4+3x, a- Ax, Sc. A the Sum of their 
Squares, B the Sum of their Cubes, C the 
Sum of their Biquadrates, Gs. that is, let 

== 4+ (-&) + (ax) + (2 ＋-3 
+ (a+4x) S. | 1 
Aa. a C- EA Ca ＋La -Z ＋⁊ a 
4% |* Sc. | | 

B = 43 + a+xÞ + a2x}3 + a+3x 
a EA &c. 

= er er + 3x) 
--a+4x\4 Ge. | 

And fo on to higher Powers. Now in or- 
der to find the Sum of any of theſe Progreſſi- 
ons aſcending till the laſt Term is— oo X 1, | 
ſhall premiſe theſe following Lemma's, by the 
Help whereof you may find =, A, B, C, Gc. 
tor any Number of Terms. Calling therefore 
the Number of Terms in each Series, and v 
the laſt Term of the firſt whoſe Sum is Z. I fay 


I V* X XU LAN — 22 
N. . 2 8 18 
2x Lem, 


that ariſe from 


„ 


LO” 


Ne LOGON Ame 


— dk Nein. 173 


Lem . E — — 
5 Ez 
r e 
6X* A 425 | 
Lem. 4 Le s — 


3 | 5% 
108 A—1ox B 


In each of which 7x —v-+x—a(by Lem. I. 
g 1.) and it is eaſy tocontinuetheſe Lemma's 
for higher Powers. 
Before we apply theſe Lemmza'stothe finding 
the Sum of any Progreſſion whole laſt Term 
is infinite, it will be neceſſary to ſubſtitute the 
Values of t, E, A, B, C, Sc. When you have 
made this Subſtitution, you muſt reject out of 
the Lemma's every Term in which vdoes not 
occur; for the laſt Term being infinite will 
make van indefinite Number, and ſince all the 
other Terms (in which v is not) are finite, 
therefore they are as nothing in Reſpect of 
v, and conſequently to be rejected. So, for 
Progreſſions whoſe laſt Term is o, the 
Lenma's will be. 


" 


: v +xv 
Lem. To 82 
2.x 8 
9 - 2 *— 
4 Lem. * MES e 5 _ * 
3 * 2 | 
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_—__Vi—2xvi+paxt vÞ2 39. 
8 3.3 — — — — 
4 * 
— K. 15 5 ox Vis 39 
Lem. 4. C1 =] 
CSE: - - | 30 „ 
LET us now conſider what the Value of v 
is, in each of the Lemma's A. B, C, Sc. An 
Example or two will make the Thing plain. 
Ex. 1. Let . 2, 33 45 53 Sc. to 2. 


ſe Sum is Z. 
1 ben for Sac 


51,4, 9, 16,2 5, Sc. to v 
whoſe Sum is A. 

Bur v*=oo (by Sp.) Therefore rr Q 
—|+ ſo that 007 1 1 = Value of vin Len. 


24. In like manner —.— or cob is the Value 
of v in Lem. 3 And univerſally it e denote 
the Ex of the Power to which each 
of the Mn of any arithmetical Progreſſi- 


on is raiſed, then V = a — off in the 
Lemma that gives the Sum of theſe Terms 
(whole laft is & ) raiſed to this Power,” 

Prop. 1. To find the Sum of a Series of 
Numbers (continued till the laſt Term is o) 
whoſe Terms are the Squares of any arith- 
metical Progreſſion. 


 _F 27" ww 3 3zE HD © 


© 8 


| 23 * 
By Len. a. che dum ſought is A=— 


3K 
* 


—— 
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. — ' 0 0 
——. but? in | thi Gale V or l 
2 
therefore all the Terms ex cept the higheſt muſt 
vaniſh, and coniequently ly the Sum of the 


V3 4. 00513 00 00F 


2x 30 „ © 200; 
. Let x be 1. 10-3; 2.4 
to Y is the arithmetical ee the 
Sum (A) of whoſe Squares is ſought ; I fay 
1+4+9+16 Sc. o X34, that bs. the 
Sum of the Progreſſion 15 an infinite um- 
ber of _ Parts, each of which is 3%. 
Prop. 2. To find the Sum of the Cubes 
of any arithmetical ee i | 


Ix this Cite — o Or o J. 22 
Lem. 3. all the Terms except the higheſt muſt 
-— 1+ 
evaniſh, ſo that B = —_— Ve =—= 
; 4* 4* 4* 
| 02 3 | 

== 00. N— 
> ik as 


"By. Let x=1, 1 Ga. Fn IX: hs 5, Ee. to du. 
is the arithmetical Prog reſhio n, the Sum () 


of whoſe Cubes is ought, 1451 +8+27 +64 


Prop. 


\ 7 - : F \ 
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Prop. 3. To find the Sum of the Biqua- 
drates of any arithmetical Progreſſion. 

4 | | 
\ In this Caſe v = & or oog. Therefore by 


n 3 . 
| f — — _ —_ Lis — — 75 
Lemma 34. C= 1 5 x oo 5 o 
| _ 15 
= K — T 

5 & * 


x EIS 1 G4 
Ex. Let x=, ſo 1, 2, 3, 4, Sc. to „ is 

the arithmetical Progreſſion; I ſay then that 

14164824256 Sc. o X 72 


Prop. 4. Univerſal. Let e denote the Ex- 
ponent of any Power, to which the Terms 
of any arithmetical Progreſſion q. Cx. a+ 22, 


@+3x, Sc. are raiſed, and it is required to 
find the Sum of the Terms ſo raiſed. I fay 


&+ AN NTA Tg xt foetal 


Scholium. From hence may be eaſily de- 
duc'd the Quadratures of all the Parabola's 
Sry (where & is the Ordinate, y the Abſciſ- 
fa, and e an affirmative Number) which is 
one remarkable Uſe of this Is " 


1 


- 
— 


_ + (of Veligion. 


- 
- 3 EE. Ae — 


Infinites. For if in this Fi- _ 
gure AB =», BC=2; and 
2 5 it is plain that if you 
av” 13 7, 3-4; 5, Cc. S 3 
ceſſively, then will 5 21 
2%, 3 47 Ge. ſucceſſively ;.- | 
which ſhews that the Ordi⸗ H“ 
nates are the Terms of an arithmetical Pro- 
greſſion rais d to a Power, | whoſe Exponent 
15 e, and that (x) the common Difference is 
1: But if the firſt Abſciſſa y—=1 be infinitely 
(or indefinitely ſmall) _ thea the Ordinates 
will be infinitely near to one another, and 
the laſt Ordinate B C will be an oo Number 
of theſe Ones. Therefore ſince to find the 
Area ABC, is, in effect, to find the Sum of 
the Ordinates, and ſince the Ordinates ate 
1, % 3% 4 5% Sc. till you come to the 
laſt, which is BC= . Therefore by Prop.” 
4. ABC O Q 2 Fathat is ABC=BCx 
ih EW = TIE Rad 2 i 
5 che ſame which is found by the or- 
dinary Methods of Quadratures. And note 
that the whole Abſciſſa AB denotes the 
Number af the Term. 
N. B. The Quadrature of all Sorts of 
Curves expreſs d by one Term thus aſſign d, 
1. 1s eaſy by the Method of Aſſumptions of 
Sertes's to extend this Method to all Sorts 


of Quadratures hitherto diſcovered. 
PART II. N AD- 


* 2 


* _— — — 
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ADDiTioNs 


1 have ſhewn in p. 160. &c. that mean 
Proportionals between 1 and o are neither 
finite nor infinite. For a farthet Hluſtration 
of what I have ſaid upon this Head, let us 
conſider what theſe Progreſſions are, whoſe 
Sum is more than finite and leſs chan infinite. 

Prop. 1. / is a Mean between 1 and in- 

1 714 | 
fiiite ; but oo =F , therefore / oo = 


1 * 1 8 * | 
2 which by Sir Laac Newton's 


Theorem gives J 1 21414 
INZ,1X3X5 , 1X3%9X7 . 0 
der 2 1X3, 1X3X5 
ii, Sc. =1 +} Inq Fallgxe 


1X3X5X7, | 

T3X4x6x8 Se. os 
Ax ſo (by fquaring each Side of this E- 
quation) you will find it in Fact to be 141 
+1, Sc. =141+1, Sc. From hence it 
appears that the Progreſſion, whoſe Sum 
Geing neither finite nor infinite) is %% 
conſiſts of Fractions, whoſe Numerators are 
the Products of the continual Multi r- 
| | 0 


"of Region, 85 79 


the arithmetic Progreſſion 1, 1, 8, J 75 
Sc. and the Denortunators are the Pro- 


ts ofthe Multiplications of the Terms of 
his arithmetical Progreſſion 2,4,6,8,10 Ve. 


Carol. In like manner * may find / 00 


© o Ge. * reſolving —— = = =. 3 
4 1—1 


1 
c "vas a, 25 
n 7 Te. into a Series by Sir 
— 1 5 4 a 0 


[/aac Ae 'T heorems. 8⁰ 


1 


e ee e f X 4 
5 weed, , 3 X 5 
INA4AX7 


(6c. where the Numerators and 
3X6X9 


enominators are in arithmetical Progrelſi- 
dns, whoſe common Difference Is 3. 


; ow 
"= — —1—1 1 L 
e 3 
IX6XIL / 2 =I—l[} s 


— PC. — 
JXIOXIS | 91 


1 1 1X &-+1I 1 * 271 
it 21 + — + : A — 
e eX 3 eX2eX3C 

- I X e+-1 X 26-1 X32471 . 1IXe X 2 
O — — — — — 

re CRACKACLE HE. EX 20X30 
2n Wi Xx 3e+1 X 4e-+1 ec. 

of X4eX5e 


N 2 25 Prop: 


* 
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Prop. 2. Let 1 be the firſt, 7 the ſecond, 


and v the laſt Term of a geometrical Progreſ 
ſion 1, , 7*, 73, 74, Sc. and t the Number of 


"> * 5 | 
Terms, then v=r7 ==> which gives - 


Corol. Let The the Number of Terms, and 
v the laſt Term in the like Progreſſion 1, 
- , 83, 4 Sc. then v = $7: -- 

Corol. 2. From theſe two Values of v, I hay: 
this Equation = 5*—*; whence it appears 
that iſ be greater than 7, then will T << 7, 
that is, in any two Progreſſions whoſe fir 
Terms are the ſame, that, whoſe ſecond Terms 
is · greater than the ſecond Term of the other, 
will ſooner arrive at any given Number v. 

Example. Let r = 2, then 1, 2, 4, 8, 16. 
Let £=4, then 1, 4, 16, that is, there are 

Terms (or r 5) in arriving at 16 in the fir 
Progreſſion, whereas in the ſecond (r=3) it 
arrives at 16 in the 34 Term. 

Problem. Having , t, c, to find i in which 

9 {hall both have the fame laſt Term vᷣ. 

ol, „ =1*—? (by Corol. 2.) this turn'd 


into a logarithmical Equation is T-1 X /s = 


t-—1 X / r, which reduced gives T = 
thr ls —r tIr—tr 
— — I — — 71. Q E. I 


ls Ps - 
Corel, 


of Rehigion; 181 | 


Corol. Becauſe by Prop. a. rf = , there-- 
fore t Ir = 4 rv, 1 Vin place 
* eee , | 

Jof Ir, we mal have 1 — 


—— 


V 4e 
„ 
—— — +1. 
1d 14 27 | 
, Corol. 2. Becauſe by Corvl. 1. TI r= tr v, 
r v 
therefore + — Ih And conſequently | 
rs r 
t, Ire Ire tr. 
1 p—T —= _ — — — [, 
Ns tr "f WM © 
nut by the known Property of Numbers we 
ave lr IV = rv, therefore : — + — 
„r r- Ir 
5 — ——-——1 thatis /—T= 
rſt Ir ls 27 * 
it Jy .. 4 
. + — — — 1, that js, 
ch | Jr 6 &# * | 
4 tv 
I - 
K tr Ls | 
"WH Coro). 3. Let the laſt Term v be infinite or 
— + © 2. OO 
0 then F—T— — —: which ſhews 
I of $f ts 


how much ſooner the Progreſſion 1, 4, 5, 
N 3 63. 
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53, Sc. will arrive ates, than 1, 7, , #3, Ge. 
that U- many more. Terms there i in T, 
7, 14,23, Ge, than in 1, HH, , * when the 
laſt r = <7 
Prop.3.Let BG—=xGE Al. 
= zx. = 1, where „ is a- 


ny Number greater than U- 
nity. Then by the Cakkulus 
Integralts, we have DEC 


B A — - = „ ſo putting * 1. we * 
1 
DEGBA=—. 
| I —F, 
But ie n. &c. 
] —FS 
—= DEGBA. 


But calling v the laſt Term 0 this SE" 
ing geometrical Progreſſion 1 þ s + 5 + 5 
+ Sc. we ſhall (as is ſhewn in Page 136. 
of this ä have 147 + + ff 


4 + &c. , therefore DEGBA = = 


91 


SV 
— So that we havethree different Expreſ- 


321 
J < 


< i 
ſions of the Area \ DE GBA, v. ——: 
en F 2, 
4 * 


es Ol [kj 


— — 


N f A 3 — N \ 
ok Religion. 183 
* — — 


— 


48 


and the Series 1 T. 12418 Þ+ 44 Se. 
een | 


But what this Number v is (which denotes 
the laſt Term of the Progreſſion 1 +£5+5* +53 
Sc.) is not ſo eaſy to determine; certainly it 
cannot bev=co X10r1+1+1 Sc. For then 


DEGBA= ox — therefore if in one 


Hyperbola we put $—2, (Til. y *=1) we 
have DEGERA o x 2;and ö in ano- 
ther 1=3 (ci. y x#3=1) we have GEBA 
_ 1 LE ap this bye? prog the Area of 
the rbola yx* = 1 /{#4., oo Xx 2 greater 
than t by Arca bf the H 1 bola 285 Rl 
o N; (becauſe 2<+ but it is cafy to de- 
monſtrate, that in the Hyperboha's y x*—/r. 
the greater we ſuppoſe the Exponent e, ſo fhall 
the Area DEGBA (adjacent to BO) be the 
greater, and conſequently the laſt Term v of 
the Series 1 + #* + 87 Se. cannot be oo or 
1+1+r+1+1 Sc. for upon that Value of 


* 


v, the Expreſſion — would make the A- 


rea DEGEA to decreafe as s did increaſe. 
To diſcover the Value of v, we have 


DGEBA=-=——; which gives v 


| 4 
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| | * 1 f — + 

Havine found vr WE ſee that in 
two different Hyperbola's (Ex. gr. yu gt, 
and yx3—1,) v cannot have the {ame Value; 


for in the former v=——which is leſs then v 


=—> in the other, 

Secondly. From theValue of 2 = * 
we ſee that the laſt Term v is equal to the Sum 
of the Series (vis. 1 +5 +: Sc.) multipli- 


— =. 
ed upon for — is =1 TTT Ge. 


Corol. I ſay the laſt Term v cannot be 
X #, take what Number you will for » (ex- 
cept in the Caſeꝰ of the common Hyperbola, 
* Si.) For if it were poſſible, let v 


—1 
S ON; then muſt == n, there- 


fore 5—1= oo X nu, which gives 1= 
n- u. 11 —1n 
gh =] , and conſequently CT ee 
1 HS— 15S? . 
but I =0z therefor — 5: O Which 
give =r. QE. D. | 
Corol. 2. It is evident that v is ſome Pow- 
er of 4, let the Exponent of that Power be 


he BIR SU I 
rl. V=. but — 
1. f bu S—1—I—s ? 


therefore 
* 7 
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* — 
5 | Ml I therefore 
7—1 127 VS —1 IS 


9 =S—1] X.—> which reduced to a 
22 Equation gives #+1 x XA. =. 
— which gives a L. = IT Tt _ 
—1. 2 E. 1. 


An Ax s w E R 70 Mr: Varignon s 
Reflections upon Space: greater than 
infinite. 


ET BC, AC * a right Angle 
at Ce the Aſymptotes of any Hyper- 

bola BGA; the Abſciſſe CL=x, and Ordi- 
nate I G2 ; and the general Equation to 
a Hyperbola's y x*=1. Then becauſe y = 


Fiodu f: An; bene t by the Calculus 


Integrals 7 ** A —_— therefore /: y 


- 44 But [:.ydx=BGLCB thre 


& 1 — 


fore—— BGLCB; | 
| Tuis 


— = we have ydx=x—*dx, therefore 


—— ¶ DDG 


— —— — 
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Tais Concluſion . * 
( though deduced 
naturally from Prin- 
ciples which Mr. 
Varignon acknow- 
ledges to be true) 8 
he denies, aſſuring 7 T 

us that it is only - 5 
the negative Expreſſion of the Area 46 L 4 
or Complement of BG LC B, when e< 1, 
But (without any Regard to the Ratio of 
| e to 1) let us conſider the algebraical Expreſ 
| fions of theſe two Spaces BG LOB, and 4 
| _._ GLA; we have already found BGLCR = 
| ; and calling the Abſciſſe C Mi, and 


12 


| Ordinate MG= x, we {hall from the Equz: 
i tion y Ml, find AC MGA bo 
1 N 
„xi; therefore ACM A= XX" 
| Wir e—1 
from which if you ſubſtract CMG L— y x 
— x „ the Remainder will be (as Mr. J. 


rignon ſays) A GLA= == which is in. 


1 


„11 BY WH" Hg > = 


deed the Negative of 


— 
— 


x e 
I 


. But his Concluſion is falſe and groundlek, 
= vg. That _ is not the Expreſſion of the 
| Space 


Space BG LC B, but only (when e 1) the 


negative Expreſſion of its Complement AG 
LA. For (according to the Principles of the 


| . 3 
Calculus Integralts) — is as certainly the 
Expreſſion of the Space BG L CB, as its Ne- 


l | . | 
gative —— is the Expreſſion of its Comple- 


ment AG LA. And this is fuitable to Na- 
ture's Proceedings, viæ. to do things in the 
ſimpleſt and moſt general Method, and con- 
ſequently to give one Expreſſion of the Area 
of a Figure and of its Complement, when it 
can be done. And may it not (with as good 


Reaſon) be fatd that — is not the Expreſ- 


ſion of the Space 4G LA, but of its Comple- 
ment BG LC; and not _ it may be ſaid, 
but Mr. Yar:gnox muſt ſay ſo in all the in- 
numerable Cates where e >.1; and to fay it 
is not when e << 1, and it is when e 1 
what is this but to ſay backward and for- 
ward, according as it will anſwer his Con- 
ceit of denying that there are Spaces greater 
than Infinite ? But to put this Controverſy 
beyond all Diſpute, let us reſolve theſe two 
finite Expreſſions of the Spaces BG L CB, 
and AG LA into infinite Series's. 


Ie : 


I. —-=x="X14+e+6+6+e4, Ge. whe 


— e 
you 


.. 
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you begin the Diviſion with 1, as here it 


naturally ſhould 
" 2x 1 1 1 1 
I... X . &c. 
When you begin the Diviſion with — e. 
* | I I I I 
III. —=xXx — + — 4 —- +=, &c. 
e-1T e e* e3 e4 | 


When you begin the Diviſion with 6, as 
here 1t naturally ſhould. 
: K* -E 
IV. — = X ͤ —I—e—&f—883—ea, &c. 
e-I 
When you begin the Diviſion with - r. 
Thus it appears, that each of theſe two Ex- 
preſſions give two Series, of which the firſt 
is the Area directly ſought, and the other the 
negative Expreſſion of its Complement; fo 


— — 
— 5 1 
— — — — 


as . 
| BELCB= —-=x""X1I+e+ © ++ 
I--e | 
£4 &c. | 
F * 1 1 
ALA — = XOX . ww 
I-e ed 1 
FE. 
Lt 
| . 9 1 
: I. 1 11 Shy I 
|  AGLA —— & X — + — 4 — + l 
| 2-1 1 t 


—1 


75 X. g ? NES 4 
— + &. 
FLY 2 #1 | 
| K | 
— BCLCB=—=X** x -1-8-61-e3-e4-&c. 
| 1 


Theſe are plain and obvious Concluſions, 
deduced from the known and common Ope- 
rations of Arithmetick, and utterly over- 
throw all that Mr. Varignon alledges againſt 
Spaces greater than Infinite. 

For without any Limitation (except e<1) 

K* 266 


he ſays that — is not the Expreſſion of 


1—e on 
BGLCB, but the Negative of the Space 
AGLA. And if fo, then (by Series J.) it will 
tollow that K x 1+e+e&+e3+Þet, &c. is 
the negative Expreſſion of the Space AGLA, 
and this I fay implies two manifeſt Abfurdi- 
ties; (it) That a Sum of affirmative Quan- 
tities is negative, and (2dly,) That the Sum 
ofan infinite geometrical + per whoſe 
Terms are continually increaſing, is equal to 
a finite Quantity, z. e. That Affirmative is 
Negative, and Infinite is Finite. 

That which ſeems to ſhock Mr. Farignon 
13, that there ſhould be Spaces greater than 
Infinite; for he tells us expreſly, that he 
looks upon this as a Contradiction. But 
this Piffculty will ſoon evaniſh, if he conſi- 


ders 


190 Philoſophical Panciples 
ders what is the ſimple Tdea of Infinite ; and 
becauſe he confeſſes that in the Apotlonian 
Hyperbola BGA, the Space BGLCB is In- 
finite ; therefore let us take the arithmetick 
Value of BELC'B for infinite, but in that Hy. 
perbola et, and therefore (if we put like- 
wife x —1) we ſhall by Series 4 have BGL 
CB =1+1+1+1+1 Sc. that is B@GLCB 
=o NI or an infinite Number of Units. So 
that when we ſay 2 +2 2 72 Sc. or © N 
2 is more than infinite, no more is meant; 
but that it is greater then ſimple Infinite or 
o XI; 2. e. (taking oo X1 for the Unit, by 
which we meaſure Quantities that are inh- 
nite) o X2< oo X1, or 2< 1. 

This will be yet plainer in the Caſe of Fi- 
nites. It is certain no Quantity can be lels 
than Finite (as none can be greater than In- 
finite) which we ſhall denote by © X or 1; 
when Ifay then that © x is leſs then © N 
1, I mean no more but that j << I; and be- 
cauſe J have defined the 27 pk * by G 
XI or 1, I may very properly ſay that © X 
3 Or ; is teſs * 22 
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HE Errors of the Prefs, in the f/f 
Part, not being ſuch as can ſtop the 
intelligent Reader, 1 De he will mend the 
following ones, of the firſt and fecond Chap» 
ters of the /econd Part, which were the moſt 
material I could obſerve. Page 8. Def. 9. 
| relative Nothing is ſaid hereto be generated 
by a perpetual” Subſtraction, tho? the Signs 
be alternately + and —. For theſe Reaſons, 
becauſe relative Infinite, was ſaid to be ge- 
nerated by a perpetual Audit ion, and becauſe 
that after the firſt Term, every two ſucceed- 
ing ones in relative Nothing i ir equioclent 
to-0 1 thus 114-1 —1 ＋ 11, &c. is 1— 
I+I—I+1--14+1, &c. =1—0T1—01—0L 
&c. and fo in other Caſes, p. 22. line 10. for 
effect read affect: Pp. 27. J. 10. for : n 
22 10. r. : 1: O. p. 30. J. 7. for 
Indefinite, 7. Infinite. p. 32. The Errors of 
Calculation here are corrected. p. 163. p. 
41. 4. 13. inſtead of Diſtance, r. Time em- 
ployed in the Motion of Light. p. 42. J. 12. 
inſtead of waies 7. Times. P. 84.4. 23. in- 
ſtead of Relations, . Revelations. p. 101. . 
17. inſtead of are eſſentially, . are not eſſen- 
tially. P. 108. J. 21. inſtead of Limit, . 
— The Errors of the third Chapter, 
will not ftop thoſe who would otherwiſe 
underſtand it. BOOKS 


BOOKS Printed for, and Sold by GEORGE, 
 STRKAHAN, af the Golden Ball, over againft 
: tbe Royal-Exchange in Combill,” 


. T9: 4 005 / l 1 
Luxionum Methodus inverſa; Sive Quantitatum Plu- 
entium Leges generaliores. Ad celeberrimum virum, 
Archibaldam Pitcarmum, Medicum Edinburgenſe. 
Rudimentoruni Methodi Fluxionum inverfe Specimina ad- 
verſus Abr. de Moivre. Eodem Authoree. | 


An Eſſay of the true Nature and Method of treating the 
GOUT: Together with an Account of tha Nature and Qua- 
lity of Bath Mater., the Manner of uſing them, and the Diſ- 
eales in which they are proper: As alſo of the Nature and 
Cure of moſt chronical Diſtempers, not publiſh'd before. The 
Fitth Edition reviſed, corrected and enlarged, to more than 
double of the former. v3 - * "TI'S Y. "4 

- A new THEORI of acute and flaw! continued: REV ERS 
Wherein, beſides the Appearances of fuch, and the Manner 
of their Cure, - occaſionally, the Structure of the Glands, and 
the Manner and Laws of Secreticn, the Operation ot Sur 


| gative, Vomitive, and Mercwial. Medicines are mechanically 


% * 


cxplaig'ds . 1 e 
To which is prefix d, an Eſſay concerning the Improve. 
ments of the Thecty.of Medicine, The Fourth. Edition wid 
many Additions. * 7 1 


An Eſſay of HEALTH and' LONG:LIFE | = 
All theſe by George Cheyne, M. P., F. R. S 


 IntroduRio ad veram Aſtronomiam ſeu Le&iones Aftrons- 
nie habitz in Schola Aſtronomica - Academia Oxonienſis. 
be. 4 28 Joanne Rcill M. D. Aſtronomiæ Proſeſſore Savilians 


' Tentamina Medico phyſica ad quasdam Queſtiones; que 
Occonomiam Animalem ſpectant, accommodata, Quibug ac- 
ceſſit MEDICINA 'STATICA BRITANICA: © Authore 
Jacobo Keill, M. D. 2 =- - 1 *, I. 

Myographiæ Comparatæ Specimen : Or a comparative 
Deſcription of all the Muſcles in a Man and in a Quadruped. 
To which is added an Account of the Muſcles peculiar to 4 
— With an ety ical Table, and ſeveral uſeiul 

ex's. 4 
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